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Context-free grammars (CFGs) are the de-facto formalism for declaratively describing concrete syntax for
programming languages and generating parsers. One of the major challenges in defining a desired syntax is
ruling out all possible ambiguities in the CFG productions that determine scoping rules as well as operator
precedence and associativity. Practical tools for parser generation typically apply ad-hoc approaches for
resolving such ambiguities, which might result in a parser’s behaviour that contradicts the intents of the
language designer. In this work, we present a user-friendly approach to soundly repair grammars with
ambiguities, which is inspired by the programming by example line of research in automated program synthesis.
At the heart of our approach is the interpretation of both the initial CFG and additional examples that define
the desired restrictions in precedence and associativity, as tree automata (TAs). The technical novelties of our
approach are (1) a new TA learning algorithm that constructs an automaton based on the original grammar and
examples that encode the user’s preferred ways of resolving ambiguities all in a single TA, and (2) an efficient
algorithm for TA intersection that utilises reachability analysis and optimizations that significantly reduce
the size of the resulting automaton, which results in idiomatic CFGs amenable to parser generators. We have
proven the soundness of the algorithms, and implemented our approach in a tool called Greta, demonstrating
its effectiveness on a series of case studies.
CCS Concepts: • Theory of computation → Grammars and context-free languages; Parsing; Tree
languages; • Software and its engineering→ Programming by example.
Additional Key Words and Phrases: context-free grammars, parsing, tree automata, programming by example
ACM Reference Format:
Yunjeong Lee, Gokul Rajiv, and Ilya Sergey. 2026. Grammar Repair with Examples and Tree Automata. Proc.
ACM Program. Lang. 10, OOPSLA1, Article 134 (April 2026), 27 pages. https://doi.org/10.1145/3798242

1 Introduction
In recent years, substantial progress has been made on automatically synthesising grammars and
parsers for context-free languages [6, 8, 14, 22]. Nevertheless, writing a precise description of a
programming language’s concrete syntax still remains a challenging and difficult-to-automate
task. The main challenge stems from the multitude of possibilities to introduce ambiguities in
the interpretation of language strings as syntax trees when defining the language’s context-free
grammar (CFG). For instance, according to the following CFG of a language of arithmetic expressions

S→ S + S | S ∗ S | (S) | 𝑥 | 𝑦 | 𝑧
the string 𝑥 + 𝑦 ∗ 𝑧 can be parsed both as (𝑥 + 𝑦) ∗ 𝑧 and 𝑥 + (𝑦 ∗ 𝑧), even though only one of
those interpretations is typically desired by the language designers. Modern frameworks for LR(𝑘)
parser generation, such as yacc [16], Beaver [12], ScalaBison [9], andMenhir [30] can detect an
overapproximation of such ambiguities in operator precedence, associativity, and nesting, in the
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form of so-called shift/reduce and reduce/reduce conflicts, reporting them to the users and even
resolving them automatically. Even though this simplifies the development of a language’s syntax,
automated ambiguity resolution might result in an interpretation of the syntax that is different
from what is implicitly envisioned by its designer.

To provide more control over operator precedence, associativity, and nesting, existing tools for
parser generation offer mechanisms to specify these properties explicitly [24, 32], while standard
compiler textbooks provide general strategies to describe a CFG to avoid ambiguities in the first
place [17, 36]. That said, adopting tool-specific conventions and following “good practices” for
structuring CFGs often leads to grammars that are difficult to understand and maintain. Even worse,
should an ambiguity be introduced in a CFG, expert knowledge, both in the structure of the object
language and in the workings of the parser generator tool is required to correctly resolve it.

A more declarative approach to resolve ambiguities in a context-free grammar has been proposed
by Adams and Might [2] who suggested capturing the restrictions imposed on top of an ambiguous
grammar in the form of tree regular expressions (TREs) that explicitly forbid undesired classes of
parse trees. The approach of Adams and Might exploits the fundamental connection between CFGs,
tree-regular expressions, and tree automata (TAs), using the latter language representation, which
is closed under intersection, as a way to produce the repaired (i.e. ambiguity-free) version of the
grammar. Unfortunately, writing a correct tree-regular expression that resolves an ambiguity is not
an easier task for a non-expert than fixing the ambiguity directly in the grammar, as it requires
one to have a good grasp of TRE semantics to design suitable restrictions. The goal of this work is
to enhance the tree automata-based approach to grammar repair and provide a user-friendly and
sound way to repair grammars from ambiguities by adopting a popular programming by example

paradigm from the works on automated program synthesis [15, 18, 19, 27, 34, 37].
Key idea. Our novel approach, dubbed grammar repair by example, resolves ambiguities in a

grammar by suggesting to the user pairs of examples that demonstrate mutually-exclusive ways to
resolve parsing conflicts, asking the user to choose one of them, and using the chosen examples to
generate a “fixed” version of the grammar. More specifically, our approach (a) converts an ambiguity
detected as an LR(1) parser generation conflict, into a small set of concrete examples that are shown
to the user in the form of parse tree alternatives. Out of those examples, (b) the user chooses the
examples corresponding to the desired syntax of the language in question. The chosen examples are
then (c) automatically converted into a grammar restriction in the form of a tree automaton, which
is next (d) intersected with the automaton corresponding to the original grammar, thus eliminating
the ambiguity. Finally, (e) the result of the intersection is converted back to the CFG form, which is
then analysed for ambiguities again, and, in case any are detected, the steps (a)-(e) repeat.

Challenges. The technical problems that needed to be solved in order to implement this approach
in practice had to do with designing algorithms for the steps (c) and (d). In particular, while step
(c) appears to be a textbook automata learning task, standard Angluin-style algorithms [4, 5, 7]
are unsuitable for our scenario, as they require construction of tree examples for all the alphabet
symbols. In other words, such examples would have to collectively represent the entire grammar

rather than its subsets that are directly involved in ambiguities—which is what we aim to provide to
the user of our approach. Furthermore, using the standard definition of tree automata intersection
from the existing approaches as a way to update the grammar with the learned “fixes” [2, 10] as is
produces non-idiomatic grammars that are difficult to comprehend.

We addressed these challenges by implementing two novel algorithms: for tree automata learning
from example sub-trees of an input “base” grammar (for the step (c)) and for TA intersection (for (d)).
Finally, we implemented the described end-to-end grammar repair pipeline in a tool.

Contributions. In summary, we make the following contributions:
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V = { stmt , decl , expr , ident }

Σ = { SEMI , IF , THEN , ELSE , PLUS , STAR , INT , LPAREN , RPAREN , TINT , EQ }

S = stmt

P =

{ stmt → decl SEMI

stmt → IF expr THEN stmt

stmt → IF expr THEN stmt ELSE stmt

decl → TINT ident EQ expr

ident → IDENT

expr → expr PLUS expr

expr → expr STAR expr

expr → INT

expr → LPAREN expr RPAREN

expr → ident }

Fig. 1. An example CFG G with ambiguities.

• Our main conceptual contribution is grammar repair by example—a novel approach to auto-
matically resolve ambiguities in context-free grammars following a simple input from the user
regarding what parse (sub)trees are acceptable. The workings of our approach rely on a funda-
mental relation between context-free grammars and tree automata (Sec. 2).
• Our first technical contribution is a novel algorithm for passive learning of tree automata from
positive/negative parse subtree examples and its soundness proof stating that the synthesised
automaton indeed correctly accepts all positive and rejects all negative examples (Sec. 3.1).
• Our second technical contribution is a new algorithm for computing an intersection of tree
automata tailored to regular tree grammars producing a result that can be rendered as an
idiomatic CFG, along with the proof of its correctness (Sec. 3.2).
• We implemented our approach to grammar repair by example in a tool called Greta on top of
Menhir—a framework for parser generators in OCaml [30]. Our evaluation on examples from
undergraduate compiler classes, questions posed on StackOverflow, and grammars of real-world
languages demonstrates utility and efficiency of our approach: it does indeed fix ambiguities,
with minimal help from the user, in most of the case studies and does so quite fast (Sec. 4).

2 Overview
This section illustrates an example run of Greta, demonstrating how ambiguities in a CFG can be
resolved through a lightweight interaction with the user, by learning the “fixes” in the form of tree
automata (TA) from user-provided examples and subsequently updating the grammar by means of
TA intersection. We start from a characteristic example of an initial input CFG with ambiguities
(Sec. 2.1), explain how it is translated into a TA (Sec. 2.2), describe generation of a TA based on
the user-specified tree examples and the input CFG (Sec. 2.3), and show how the ambiguities are
resolved by intersecting the two TAs and translating the result back to a CFG (Sec. 2.4).

2.1 Context-Free Grammars and Ambiguities
A context-free grammar (CFG) is formally defined as a tuple (𝑉 , Σ, 𝑆, 𝑃), where 𝑉 is a set of
nonterminal symbols, Σ a set of terminal symbols, 𝑆 ∈ 𝑉 a start nonterminal, and 𝑃 ⊆ 𝑉 × (𝑉 ∪ Σ)∗
is a set of productions. An example of a CFG G is shown in Fig. 1; its nonterminals 𝑉 consists of

(1) expr PLUS expr PLUS expr

(2) expr STAR expr STAR expr

(3) expr PLUS expr STAR expr

(4) IF expr THEN IF expr THEN stmt ELSE stmt

Fig. 2. Expressions demonstrating the ambiguities in the grammar from Fig. 1.
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(PLUS, 3)

(PLUS, 3)

exprPLUSexpr

exprPLUS

(PLUS, 3)

PLUSexpr (PLUS, 3)

exprPLUSexpr

(a) Left- vs. right-associative (PLUS,3)

(STAR, 3)

(STAR, 3)

exprSTARexpr

exprSTAR

(STAR, 3)

STARexpr (STAR, 3)

exprSTARexpr

(b) Left- vs. right-associative (STAR,3)

(PLUS, 3)

(STAR, 3)

exprSTARexpr

exprPLUS

(STAR, 3)

STARexpr (PLUS, 3)

exprPLUSexpr

(c) (PLUS,3) vs. (STAR,3)

(IF, 6)

(IF, 4)IF expr stmtTHEN ELSE

IF expr THEN stmt

IF expr THEN

(IF, 4)

IF expr THEN stmt stmtELSE

(IF,6)

(d) (IF,4) vs. (IF,6)

Fig. 3. Tree examples representing conflicts in G.

stmt, decl, expr and ident, with a start nonterminal stmt; its terminals Σ include SEMI, TINT, IDENT,
and EQ involved in declaration statements, IF, THEN, and ELSE for conditional statements with only
a then-branch or both then- and else-branches, PLUS, STAR, and INT for expressions with binary
operations, and LPAREN and RPAREN for open and close parentheses; its production rules P shown
in Fig. 1 replace nonterminal symbols with sequences of nonterminal and/or terminal symbols.
A CFG is called ambiguous when there are multiple ways to match a string of terminals via its

production rules. G in Fig. 1 is an example of such grammar, with four different ambiguities, a.k.a.
conflicts. In particular, these conflicts are caused by lack of information about associativity of PLUS
and STAR operators, and about the precedence order between PLUS and STAR as well as between IF

with THEN branch and IF with THEN and ELSE branches. Fig. 2 shows expressions that are subject to
the conflicts. The first expression (1) can be derived by either applying the grammar’s production
rule expr → expr PLUS expr on the left expr PLUS expr first and the right one next or the other way
around, since the grammar is ambiguous on whether PLUS is left- or right-associative. Similarly, the
second expression (2) is subject to the ambiguity of STAR being left-associative or right-associative.
The third expression (3) is subject to the unspecified precedence orders between PLUS and STAR.
The fourth expression (4) illustrates an ambiguity of parsing nested IF-expressions with only then-
or both then- and else-branches, famously known as the dangling else problem [1].

Tree Automata Synthesis

Learn  
TA

Intersect  
TAAmbiguous  

Grammar

User selects 
tree examples

Output 
Grammar

TerminatesLeft with ambiguities

<latexit sha1_base64="75q59Ir/CrJ8pZbnKm+P350/T4A=">AAAB8nicbVDLSgMxFM3UV62vqks3wSK4KjMi1WXVjcsK9gHToWTSTBuaSYbkjlCGfoYbF4q49Wvc+Tdm2llo64HA4Zx7ybknTAQ34LrfTmltfWNzq7xd2dnd2z+oHh51jEo1ZW2qhNK9kBgmuGRt4CBYL9GMxKFg3XByl/vdJ6YNV/IRpgkLYjKSPOKUgJX8fkxgTInIbmaDas2tu3PgVeIVpIYKtAbVr/5Q0TRmEqggxviem0CQEQ2cCjar9FPDEkInZMR8SyWJmQmyeeQZPrPKEEdK2ycBz9XfGxmJjZnGoZ3MI5plLxf/8/wUousg4zJJgUm6+ChKBQaF8/vxkGtGQUwtIVRzmxXTMdGEgm2pYkvwlk9eJZ2LuteoNx4ua83boo4yOkGn6Bx56Ao10T1qoTaiSKFn9IreHHBenHfnYzFacoqdY/QHzucPc+CRYg==</latexit>A

<latexit sha1_base64="Kg4QgfFUyz9w7Btlo3dOQi80lSg=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURqS6rblxWsA9oQ5hMp+3QySTMTIQa8iVuXCji1k9x5984abPQ1gMDh3Pu5Z45QcyZ0o7zbZXW1jc2t8rblZ3dvf2qfXDYUVEiCW2TiEeyF2BFORO0rZnmtBdLisOA024wvc397iOVikXiQc9i6oV4LNiIEayN5NvVQYj1hGCeXmd+Os58u+bUnTnQKnELUoMCLd/+GgwjkoRUaMKxUn3XibWXYqkZ4TSrDBJFY0ymeEz7hgocUuWl8+AZOjXKEI0iaZ7QaK7+3khxqNQsDMxkHlMte7n4n9dP9OjKS5mIE00FWRwaJRzpCOUtoCGTlGg+MwQTyUxWRCZYYqJNVxVTgrv85VXSOa+7jXrj/qLWvCnqKMMxnMAZuHAJTbiDFrSBQALP8Apv1pP1Yr1bH4vRklXsHMEfWJ8/N+uTeQ==</latexit>Ag

<latexit sha1_base64="RhCPQ/dEWWeZ7oRFRHWymFYUAxI=">AAAB+HicbVDLSsNAFL2pr1ofjbp0M1gEVyURqS6rblxWsA9oQ5hMJ+3QySTMTIQa8iVuXCji1k9x5984abvQ1gMDh3Pu5Z45QcKZ0o7zbZXW1jc2t8rblZ3dvf2qfXDYUXEqCW2TmMeyF2BFORO0rZnmtJdIiqOA024wuS387iOVisXiQU8T6kV4JFjICNZG8u3qIMJ6TDDPrnM/k7lv15y6MwNaJe6C1GCBlm9/DYYxSSMqNOFYqb7rJNrLsNSMcJpXBqmiCSYTPKJ9QwWOqPKyWfAcnRpliMJYmic0mqm/NzIcKTWNAjNZxFTLXiH+5/VTHV55GRNJqqkg80NhypGOUdECGjJJieZTQzCRzGRFZIwlJtp0VTEluMtfXiWd87rbqDfuL2rNm0UdZTiGEzgDFy6hCXfQgjYQSOEZXuHNerJerHfrYz5ashY7R/AH1ucPSKKThA==</latexit>Ar

<latexit sha1_base64="iY8sD5rdt1+eWGTnuXXvMyfnM40=">AAACFXicbVDLSsNAFJ34rPUVdekmWIQKpSQi1WVREZct2ge0IdxMJ+nQyYOZiVBCf8KNv+LGhSJuBXf+jZM2C209MHDmnHu59x43ZlRI0/zWlpZXVtfWCxvFza3tnV19b78tooRj0sIRi3jXBUEYDUlLUslIN+YEApeRjju6yvzOA+GCRuG9HMfEDsAPqUcxSCU5eqXcdFJ/UukHIIcYWHqj+B31A6hkhqd+14RJyIpOHL1kVs0pjEVi5aSEcjQc/as/iHASkFBiBkL0LDOWdgpcUszIpNhPBIkBj8AnPUVDCIiw0+lVE+NYKQPDi7h6oTSm6u+OFAIhxoGrKrPlxbyXif95vUR6F3ZKwziRJMSzQV7CDBkZWUTGgHKCJRsrAphTtauBh8ABSxVkUYVgzZ+8SNqnVatWrTXPSvXLPI4COkRHqIwsdI7q6BY1UAth9Iie0St60560F+1d+5iVLml5zwH6A+3zB/YJnrg=</latexit>

(Qg, F ,!, Qgf ,”g)

<latexit sha1_base64="RXcud2RF2B2XDJBCxapnMXtaSMc=">AAACFXicbVDLSsNAFJ34rPUVdekmWIQKpSQi1WVREZct2ge0odxMJ+3QmSTMTIQS+hNu/BU3LhRxK7jzb5y0WWjrgYEz59zLvfd4EaNS2fa3sbS8srq2ntvIb25t7+yae/tNGcYCkwYOWSjaHkjCaEAaiipG2pEgwD1GWt7oKvVbD0RIGgb3ahwRl8MgoD7FoLTUM0vFei8Rk1KXgxpiYMmN5nd0wKGUGr7+XROmIC066ZkFu2xPYS0SJyMFlKHWM7+6/RDHnAQKM5Cy49iRchMQimJGJvluLEkEeAQD0tE0AE6km0yvmljHWulbfij0C5Q1VX93JMClHHNPV6bLy3kvFf/zOrHyL9yEBlGsSIBng/yYWSq00oisPhUEKzbWBLCgelcLD0EAVjrIvA7BmT95kTRPy06lXKmfFaqXWRw5dIiOUBE56BxV0S2qoQbC6BE9o1f0ZjwZL8a78TErXTKyngP0B8bnDyp5ntk=</latexit>

(Qr, F ,!, Qrf ,”r)

<latexit sha1_base64="TmqrUKHFd5kl4K8AS8JYUYpWSP8=">AAACDHicbVDLSsNAFJ34rPVVdekmWIQKpSQi1WVREZct2gc0odxMJ+3QySTMTIQS+gFu/BU3LhRx6we482+ctFlo64GBM+fcy733eBGjUlnWt7G0vLK6tp7byG9ube/sFvb2WzKMBSZNHLJQdDyQhFFOmooqRjqRIBB4jLS90VXqtx+IkDTk92ocETeAAac+xaC01CsUS42yE4AaYmDJzaTs3NFBAOVGL/H155owBSe6yqpYU5iLxM5IEWWo9wpfTj/EcUC4wgyk7NpWpNwEhKKYkUneiSWJAI9gQLqacgiIdJPpMRPzWCt90w+FflyZU/V3RwKBlOPA05Xp3nLeS8X/vG6s/As3oTyKFeF4NsiPmalCM03G7FNBsGJjTQALqnc18RAEYKXzy+sQ7PmTF0nrtGJXK9XGWbF2mcWRQ4foCJWQjc5RDd2iOmoijB7RM3pFb8aT8WK8Gx+z0iUj6zlAf2B8/gA3gJp7</latexit>

(Q, F ,!, Qf ,”)

Fig. 4. Greta grammar disambiguation workflow.

These different ways to parse the same ex-
pression can be depicted via tree examples, as
shown in Fig. 3. We rely on the hierarchical
property of such trees: symbols in tree exam-
ples that are deeper have higher precedence
orders than symbols at lower depths. These
examples are sub-parse trees that represent am-
biguities in a CFG and thus use only a subset
of the transitions. When only one symbol is
present in a tree example, we consider it to rep-
resent an associativity ambiguity. Our idea is to
allow the user to choose one such tree per conflict. The resulting combined set of tree examples that
are not selected by the user 𝑇 − can be then used to disambiguate the grammar, updating its rules
accordingly. In a nutshell, Greta achieves that by (a) generating a TA from the user-specified tree
examples and from the initial (input) CFG and (b) intersecting the learned TA with a TA obtained
from the original grammar to resolve the ambiguities (Fig. 4). In the rest of this section, we will
walk through the stages of Greta working using the conflict-featuring grammar G as an example.
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2.2 From a Context-Free Grammar to a Tree Automaton
The first step in our approach is to convert the input grammar into a tree automaton. It is well-
known that any CFG can be represented by a tree automaton that recognises the language of its
parse trees—so-called regular tree language [10, 13]. We now provide a brief explanation of basic
concepts of TAs and show how the grammar from Fig. 1 is translated to its corresponding TA.
A tree automaton (TA) is a tuple (𝑄, F , Σ, 𝑄f,Δ) where 𝑄 refers to a set of states, F is a set of

constructor labels (a.k.a. ranked alphabet), Σ is a set of terminal symbols, 𝑄f ⊆ 𝑄 is a set of final
states, and Δ is a set of transition rules. Each ranked symbol in F has an associated arity (Rank)
corresponding to the number of terminals and nonterminals that appear on the right-hand side of a
production in the original CFG. It also has a symbol (Sym) which is unique to each production. A TA
accepts a tree if there exists a run from the leaves to a final state at the root, following the transition
rules in Δ (described formally in the supplementary material [20]). Fig. 5 shows a readable set of
ranked symbols for G, chosen for use in this paper.

A TA Ag translated from the grammar G is shown in Fig. 6, combined with the ranked alphabet
from Fig. 5. It is generated from the grammar as follows. First, the productions of G are converted
to ranked alphabet symbols with their corresponding arities to result in Fig. 5. A nonterminal-to-
nonterminal production like expr → ident is mapped to a transition expr ←(𝛿, 1) ident using a
(𝛿, 1)-label, which is added to the ranked alphabet. The set of nonterminal symbols 𝑉 and the start
symbol 𝑆 of G are mapped to a set of states Qg and a singleton set of 𝑆 as the final accepting state
Qgf, respectively, as shown in Fig. 6. The set of terminal symbols of G becomes the set of terminal
symbols Σ of the TA. Lastly, production rules of G are annotated with each rule’s ranked alphabet
symbol, resulting in transition rules of Ag.

2.3 Generating a Tree Automaton from Tree Examples and an Input Grammar
As we learned from Sec. 2.1 ambiguities in a grammar are caused by the lack of information about
associativity and/or precedence orders among terminal symbols. We observe that semi-concrete

parse trees, as shown in Fig. 3, can be useful for illustrating the options regarding associativity and
precedence orders. In our approach, we show such trees to the language designer, asking them to
select the options that correspond to their preferred hierarchies among the alphabet symbols in
question. Based on the user’s selections as well as the original CFG, we generate a TA that rejects
unwanted parse trees. The TA must also accept trees consistent with selections and with symbols
in G unrelated to the ambiguities.

2.3.1 Conflict Examples and Their Resolution. Each of the ambiguities coming from the expressions
in Fig. 2 is presented to the user as parse trees with different parsing orders, as shown in Fig. 3.
Our approach relies on a standard LR(1) parser generator to identify conflicts and generate the
tree examples from the sets of productions featuring the ambiguities. For example, the expression
(1) expr PLUS expr PLUS expr in Fig. 2 can be parsed by applying a production rule expr → expr

PLUS expr first and then applying the same rule to the left—or the right—expr on the right-hand
side of the production, essentially exemplifying the left- or the right-associativity of the (PLUS,3)

operator. Once the rule is labeled with its respective tree-constructor label, (PLUS,3) in this case,
the trees representing different ways of parsing are constructed, as shown in Fig. 3a. Likewise, trees
representing left- and right-associativity of (STAR,3) in Fig. 3b represent two different ways to

F = { (SEMI ,2), (IF ,4), (IF ,6), (TINT ,4), (PLUS ,3), (STAR ,3), (INT ,1)

((),3), (𝛿 ,1), (IDENT ,1) }

Fig. 5. Ranked alphabet F for the running example.
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Qg = { stmt , decl , expr , ident }

Qgf = { stmt }

Δg =

{ stmt ←(SEMI,2) decl SEMI

stmt ←(IF,4) IF expr THEN stmt

stmt ←(IF,6) IF expr THEN stmt ELSE stmt

decl ←(TINT,4) TINT ident EQ expr

ident←(IDENT,1) IDENT

expr←(PLUS,3) expr PLUS expr

expr←(STAR,3) expr STAR expr

expr←(INT,1) INT

expr←((),3) LPAREN expr RPAREN

expr←(𝛿,1) ident }

Fig. 6. TA Ag reinterpreted from G.

parse (2) expr STAR expr STAR expr in Fig. 2. As observed in these sets of productions, if a conflict
involves just one symbol, we can infer that it is because of the symbol’s unclear associativity.

Other than associativity, the conflicts might be caused by ambiguous precedence orders among
different symbols. Consider (3) expr PLUS expr STAR expr in Fig. 2. The expression can be parsed
by applying the production expr → expr PLUS expr first and then expr → expr STAR expr to the
right expr, generating a parse tree on the left in Fig. 3c. Alternatively, expr → expr STAR expr can
be applied first and then expr → expr PLUS expr to the left expr, generating a tree on the right
in Fig. 3c. These represent two alternative ways to generate parse trees by putting these symbols at
different depths in those trees when precedence orders between these symbols (e.g., (PLUS,3) and
(STAR,3)) are ambiguous. Similarly, ambiguity from parsing the expression (4) IF expr THEN IF

expr THEN stmt ELSE stmt in Fig. 2, known as the dangling else problem, is shown as trees in Fig. 3d,
where the left tree symbolises (IF,4) having a higher precedence order than (IF,6) and the right
one with an opposite precedence relation.

Coming back to our running example, suppose the user has indicated their parsing preferences by
selecting the ticked trees in Fig. 3. This results inGreta learning the relations of the tree-constructor
labels (PLUS,3) < (STAR,3) and (IF,4) < (IF,6) in addition to (PLUS,3) and (STAR,3) being left-
associative. These user preferences can be thought of as restrictions on the input grammar. Greta
collects these restrictions by traversing each of the trees not selected by the user to combine them
with the so-called base precedence order of the original grammar.

The base precedence order 𝑂bp denotes the set of all the ranked alphabet symbols obtained from
the tree automaton Ag representing the input CFG G with their corresponding orders, which can
be thought of as the shortest distance to the final accepting state of Ag in Fig. 6. For our example
whose ranked alphabet denoted by F is shown in Fig. 5, 𝑂bp is as follows:
{ ((IF ,4),0), ((IF ,6),0), ((SEMI ,2),0), ((TINT ,4),1), ((PLUS ,3),1), ((STAR ,3),1),

((INT ,1),1), (((),3),1), ((𝛿 ,1),1) }

The 1-arity symbol IDENT is identified as a trivial symbol (detailed in section 3.1.1) and is handled
separately, since we know that it will not be conflicting with other symbols, and their corresponding
nonterminals remain intact throughout the run of Greta. Its associated state ident as well as
transition ident ←(IDENT, 1) IDENT remain unchanged in the generated TA. We provide a formal
definition of 𝑂bp and describe a procedure to construct it in Sec. 3.1.

2.3.2 Parsing Preferences as a Tree Automaton. The following step—constructing a tree automaton
that elaborates the input grammar with additional restrictions—is the key novel idea of this work.
Notice that the trees in Fig. 3 are not parse trees of the input grammar G; rather they are sub-

trees of some of the parsing trees allowed by the grammar. To wit, they feature symbols (PLUS,3),
(STAR,3), (IF,4), and (IF,6), while missing information about precedence orders of other symbols
from the alphabet F , such as (SEMI,2) or (TINT,4) with respect to symbols in the examples, as that
information can be restored via 𝑂bp. Given the preferences indicated by the user on the provided
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Qr = { e0 , e1 , e2 , e3 , e4 , ident }

Qrf = { e0 }

Δr =

{ e0 ←(IF,4) IF e0 THEN e0
e0 ←(SEMI,2) e0 SEMI

e0 ←(𝜖,1) e1
e1 ←(IF,6) IF e1 THEN e1 ELSE e1
e1 ←(SEMI,2) e1 SEMI

e1 ←(𝜖,1) e2
e2 ←(PLUS,3) e2 PLUS e3
e2 ←(TINT,4) TINT e2 EQ e2
e2 ←(INT,1) INT

e2 ←((),3) LPAREN e2 RPAREN

e2 ←(𝛿,1) ident

e2 ←(𝜖,1) e3

e3 ←(STAR,3) e3 STAR e4
e3 ←(TINT,4) TINT ident EQ e3
e3 ←(INT,1) INT

e3 ←((),3) LPAREN e3 RPAREN

e3 ←(𝛿,1) ident

e3 ←(𝜖,1) e4
e4 ←(TINT,4) TINT ident EQ e4
e4 ←(INT,1) INT

e4 ←((),3) LPAREN e4 RPAREN

e4 ←(𝛿,1) ident

ident ←(IDENT,1) IDENT

}

Fig. 7. The tree automaton Ar generated from user-specified parsing preferences.

examples, our goal is to capture them into a new tree automatonAr that is also “permissive enough”
to accept the desired “complete” parse trees allowed by the TA Ag corresponding to the original
grammar. In the remainder of this section, we provide an informal description of this procedure,
fleshing out its details and correctness argument in Sec. 3.1.
We start by combining the restrictions learned from the examples in Fig. 3 (e.g., (PLUS,3) <

(STAR,3), (IF,4) < (IF,6), etc) with the base precedence order 𝑂bp, obtaining the following set of
precedence orders—let’s call it 𝑂𝑝—for all symbols:
{ ((IF ,4),0), ((SEMI ,2),0), ((IF ,6),1), ((SEMI ,2),1), ((PLUS ,3),2), ((TINT ,4),2),

((INT ,1),2), (((),3),2), ((𝛿 ,1),2), ((STAR ,3),3), ((TINT ,4),3), ((INT ,1),3),

(((),3),3), ((𝛿 ,1),3), ((TINT ,4),4), ((INT ,1),4), (((),3),4), ((𝛿 ,1),4) }

When orders of symbols from the chosen examples are compared in this updated set 𝑂𝑝 , it is
consistent with the precedence relations (PLUS,3) < (STAR,3) as well as (IF,4) < (IF,6). In addition,
for all other pairs of symbols in the base precedence order, there exists a pair in 𝑂𝑝 for those
symbols with the same relative order.𝑂𝑝 also accommodates for later integration with associativity
restrictions 𝑂𝑎 , full details of which are explained in Sec. 3.1.
Subsequently, given a pair of ranked symbol and its order (𝑓 , 𝑜) in 𝑂𝑝 , Greta generates an

𝑓 -labeled transition from the states and terminals in the right-hand side of Prod(𝑓 ) to e𝑜 . As an
example, ((IF,4),0) from 𝑂𝑝 produces the transition e0 ←(IF, 4) IF e0 THEN e0. At the same time,
each ordered state e𝑜 is linked to its next ordered state in hierarchy e𝑜 + 1 by an 𝜖-transition: e.g.,
e0 ←(𝜖, 1) e1. The state e0 corresponding to the symbol (IF,4) represents a level in the hierarchy of
parsing orders. Moreover, if a symbol was used to specify an associativity in the examples, Greta
generates a transition that takes it into account: e.g., e2 ←(PLUS, 3) e2 PLUS e3 produced based on
left-associative (PLUS,3) from 𝑂𝑎 and ((PLUS,3),2) from 𝑂𝑝 . These steps lead to construction of
Ar in Fig. 7. The details of the algorithm are explained in Sec. 3.1.
Notice that the automaton obtained this way is not immediately the result we want that corre-

sponds to the repaired grammar. That is because the constructed Ar recognises not only all those
non examples-related parse trees allowed by Ag but even those terms that are not allowed by Ag.
For example, consider an expression IF 1 THEN 2 STAR 3. A tree corresponding to this expression
is accepted by Ar since e1 appearing after THEN can be rewritten by e3 STAR e4, whereas this is not
possible in the original grammar, hence not accepted by Ag. This is the reason why we need to
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(stmt,e0)←(SEMI, 2) (decl,e0) SEMI
(stmt,e0)←(SEMI, 2) (decl,e1) SEMI
(stmt,e0)←(IF,4) IF (expr,e0) THEN (stmt,e0)
(stmt,e0)←(IF,6) IF (expr,e1) THEN (stmt,e1) ELSE (stmt,e1)

(decl,e0)←(TINT, 4) TINT (ident,ident) EQ (expr,e2)

(decl,e0)←(TINT, 4) TINT (ident,ident) EQ (expr,e3)

(decl,e0)←(TINT, 4) TINT (ident,ident) EQ (expr,e4)

(decl,e1)←(TINT, 4) TINT (ident,ident) EQ (expr,e2)

(decl,e1)←(TINT, 4) TINT (ident,ident) EQ (expr,e3)

(decl,e1)←(TINT, 4) TINT (ident,ident) EQ (expr,e4)

(expr,e0)←(PLUS,3) (expr,e2) PLUS (expr,e3)

(expr,e0)←(INT,1) INT

(expr,e0)←(𝛿,1) (ident,ident)

(expr,e0)←((),3) LPAREN (expr,e2) RPAREN

(expr,e0)←((),3) LPAREN (expr,e3) RPAREN

(expr,e0)←((),3) LPAREN (expr,e4) RPAREN

(expr,e1)←(PLUS,3) (expr,e2) PLUS (expr,e3)

(expr,e1)←(INT,1) INT

(expr,e1)←(𝛿,1) (ident,ident)

(expr,e1)←((),3) LPAREN (expr,e2) RPAREN

(expr,e1)←((),3) LPAREN (expr,e3) RPAREN

(expr,e1)←((),3) LPAREN (expr,e4) RPAREN

(stmt,e1)←(SEMI, 2) (decl,e1) SEMI

(stmt,e1)←(IF,6) IF (expr,e1) THEN (stmt,e1) ELSE (stmt,e1)

(ident,ident)←(IDENT,1) IDENT

(expr,e2)←(PLUS,3) (expr,e2) PLUS (expr,e3)

(expr,e2)←(INT,1) INT

(expr,e2)←(𝛿,1) (ident,ident)

(expr,e2)←((),3) LPAREN (expr,e2) RPAREN

(expr,e2)←((),3) LPAREN (expr,e3) RPAREN

(expr,e2)←((),3) LPAREN (expr,e4) RPAREN

(expr,e3)←(STAR,3) (expr,e3) STAR (expr,e4)

(expr,e3)←(INT,1) INT

(expr,e3)←(𝛿,1) (ident,ident)

(expr,e3)←((),3) LPAREN (expr,e3) RPAREN

(expr,e3)←((),3) LPAREN (expr,e4) RPAREN

(expr,e4)←(INT,1) INT

(expr,e4)←(𝛿,1) (ident,ident)

(expr,e4)←((),3) LPAREN (expr,e4) RPAREN

(a) Cross product result of Δg and Δr.

stmt0←(SEMI, 2) decl SEMI

stmt0←(SEMI, 2) decl SEMI

stmt0←(IF,4) IF expr0 THEN stmt0
stmt0←(IF,6) IF expr1 THEN stmt1 ELSE stmt1

decl←(TINT, 4) TINT ident EQ expr0
decl←(TINT, 4) TINT ident EQ expr1
decl←(TINT, 4) TINT ident EQ expr2

stmt1←(SEMI, 2) decl SEMI

stmt1←(IF,6) IF expr1 THEN stmt1 ELSE stmt1

expr0←(PLUS,3) expr2 PLUS expr1
expr0←((),3) LPAREN expr0 RPAREN

expr0←((),3) LPAREN expr1 RPAREN

expr0←(INT,1) INT

expr0←(𝛿,1) ident

expr0←((),3) LPAREN expr2 RPAREN

expr1←(STAR,3) expr1 STAR expr2
expr1←((),3) LPAREN expr1 RPAREN

expr1←(INT,1) INT

expr1←(𝛿,1) ident

expr1←((),3) LPAREN expr2 RPAREN

expr2←(INT,1) INT

expr2←(𝛿,1) ident

expr2←((),3) LPAREN expr2 RPAREN

ident ←(IDENT,1) IDENT

(b) After removing duplicates and renaming states.

Fig. 8. Minimisation of the cross product of transitions Δg and Δr.

take an intersection of the tree automata to eventually produce a grammar that is both not too
permissive wrt. original grammar and restrictive wrt. user-specified parsing preferences.

2.4 Repairing the Grammar by Intersecting Tree Automata
We now have two tree automata: Ag ≜ (𝑄g, F , Σ, 𝑄gf,Δg) from G and Ar ≜ (𝑄r, F , Σ, 𝑄rf,Δr)
learned from the tree examples as well as G. The outcome of our example-based ambiguity repair
is captured by the tree automaton Ares ≜ (𝑄, F , Σ, 𝑄f,Δ) obtained as an intersection of Ag and
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Ar. It is defined as a tuple that consists of cross-products of each component [10]: i.e.,𝑄 =𝑄g ×𝑄r,
𝑄f =𝑄gf ×𝑄rf, and Δ = Δg × Δr. Let us discuss each component for our example.

First, taking the product of the accepting states of Ag and Ar produces the new state (stmt,e0),
which is the start for the intersected TA. Next, starting from the state (stmt,e0) as the left-hand side
of the transition, going across stmt-producing transitions in Δg and e0-producing transitions in Δr
reveals that there are three constructor labels —(SEMI,2), (IF,4), and (IF,6)—with all thematching

right-hand sides. Note x-producing transitions essentially refer to those rules that transition to the
state x in the TA. Given a state (𝛼g, 𝛼r), the transitions 𝛼 ′g ← 𝛽g ∈ Δg and 𝛼 ′r ← 𝛽r ∈ Δr (where 𝛼 ′g
and 𝛼 ′r are 𝛼g and 𝛼r respectively, or reachable from them by epsilon transitions) are considered
matching when the lengths (number of terminals and states) in 𝛽g and in 𝛽r are identical and at
each position, either both elements are states or are the same terminal.
For example, consider the transition for symbol (IF,4). In Δg, the transition stmt ←(IF, 4)

IF expr THEN stmt, matches transition e1 ←(IF, 4) IF e1THEN e1 in Δr because their right-hand sides
have the same number of elements and at each position, it is either both states or the same terminal
symbol. On the other hand, when we look at the symbol (PLUS,3), we cannot find a correspond-
ing transition in Δg producing stmt, taking (PLUS,3) as a constructor label. This results in no
(stmt,e1)-producing transition for the symbol (PLUS,3) in the tree automata intersection.

Following this intuition, taking cross-product of transitions producing (stmt, e0) results in
transitions in light grey with labels (SEMI,2), (IF,4), (IF,6) in Fig. 8a. Moreover, it shows that
there are following states that can be reached from the (stmt,e0)-producing transitions: (decl,e0),
(decl,e1), (expr,e0), (expr,e1), (stmt,e0) and (stmt,e1). We look at these so-called reachable

states, identifying transitions that produce each of them, so that considering those transitions might
add new states to the reachable states. This generates the rest of the transition rules in Fig. 8a.

Once all the transitions producing the reachable states are obtained, these rules are examined in
order to get rid of any duplicate states and accordingly the rules that transition to the duplicate states.
In our running example, the states (expr, e0), (expr,e1) and (expr,e2) as well as (decl, e0) and
(decl, e1) are identified as duplicates. We highlight the former sets of transitions in darker grey,
which all have identical right-hand sides. Hence, we remove two of them—let’s say, (expr,e1) and
(expr,e2)—and their transition rules, while also replacing all their occurrences with (expr,e0). We
do this also for (decl,e0) and (decl,e1). After removing these duplicates and renaming the states,
we obtain a smaller, yet equivalent, set of transitions in Fig. 8b.

Lastly, we introduce (𝜖, 1)-transitions to further simplify the resulting transitions. For example,
looking at the expr2-producing transitions, expr0- and expr1-producing transitions repeat them,
as indicated by the transitions in dotted boxes in Fig. 8b. That is, the transition rules take the
same set of tree-constructor labels and respectively transition to the same set of right-hand sides.
Hence, we can simplify expr0- and expr1-producing transitions by respectively adding the rules
expr0←(𝜖, 1) expr2 and expr1←(𝜖, 1) expr2, while removing the repeated transitions. We repeat this
process for all the states and their transitions, resulting in a final TA Ares in Fig. 9. The obtained
tree automaton Ares (Fig. 9) is converted back to its corresponding CFG trivially, by un-labeling
the transitions.1 This grammar is then passed back to Greta. If there are any remaining ambiguities
in it, then Greta performs all the previous steps again. It stops running when there are no more
ambiguities in the grammar, or any remaining ones are outside the scope of Greta or Menhir,
details of which we discuss in Sec. 4.4.2. Greta eventually terminates because the original CFG
and tree automata constructed from it as well as its ambiguities are finite, while the number of
1Since 𝜖-transitions don’t consume tree nodes (represented with symbols), they cannot be trivially unlabelled, as they lead
to productions in trees that weren’t in the original grammar. Instead, the unit productions after unlabelling need to be
removed, to produce a new CFG. In Menhir, we circumvent this with semantic actions in curly braces, (e.g. expr0 ->
expr1 { $1 }) with which we can avoid having such productions appear in the final AST.
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Q = { stmt0 , stmt1 , expr0 , expr1 , expr2 , ident }

Q f = { stmt0 }

Δ =

{ stmt0 ←(IF,4) IF expr0 THEN stmt0

stmt0 ←(𝜖,1) stmt1

stmt1 ←(SEMI,2) decl SEMI

stmt1 ←(IF,6) IF expr0 THEN stmt1 ELSE stmt1

decl ←(TINT,4) TINT ident EQ expr0

ident ←(IDENT,1) IDENT

expr0 ←(PLUS,3) expr0 PLUS expr1

expr0 ←(𝜖,1) expr1

expr1 ←(STAR,3) expr1 STAR expr2

expr1 ←(𝜖,1) expr2

expr2 ←(INT,1) INT

expr2 ←(𝜖,1) ident

expr2 ←((),3) LPAREN expr0 RPAREN }

Fig. 9. An automaton Ares resulted from intersection of Ag and Ar.

ambiguities (and hence the number of parse trees admitted by the CFG) decreases with each run of
Greta (Sec. 4.4.2). We present our intersection algorithm in Sec. 3.2.

2.5 Putting It All Together
The overall workflow of grammar disambiguation in Greta framework works as follows, as illus-
trated in Fig. 4. If an ambiguous CFG is provided as an input, it is interpreted as a tree automaton,
and the ambiguities in it are presented to the user, asking the user, for each of them, to select
one of the two alternative tree examples, which together represent different ways to parse the
same expression per conflict (Sec. 2.3.1). Once the user specifies their preferences by selecting a
set of the tree examples, Greta subsequently uses the chosen examples as well as the precedence
orders of all the alphabet symbols from the initial grammar to learn a TA encoding the user’s
parsing preferences in line with the grammar (Sec. 2.3.2). Next, the two TAs are intersected to
result in a new TA (Sec. 2.4), which is then translated back to its corresponding grammar. If the
resulting grammar is still left with any ambiguities, Greta is run on it again until the grammar
is fully disambiguated or only left with non-addressable ones. In this process, the user is simply
involved in clarifying parsing preferences in the form of tree examples, without having to compute
TA operations or even knowing that these operations are done at all.

3 Grammar Repair by Example, Formally
This section describes technical details of the Greta framework. First, we present an algorithm for
learning a TA from tree examples and a base grammar, with its soundness guarantees in Sec. 3.1.
Next, we explain the algorithm we use for intersecting TAs and show its correctness Sec. 3.2.

3.1 From Tree Examples to a Tree Automaton
The learning process can be largely divided into two parts: (a) learning restrictions about the
associativity and precedence order through LearnOaOp (Algorithm 3.1) from the tree examples
and (b) subsequently constructing a TA via GenTA procedure (Algorithm 3.2). Before we describe
each of the algorithms, we provide a formal description of tree examples and tree automata.

Unlike a complete parse tree, tree examples can start from any nonterminal, and can have non-
terminals at the leaves instead of terminals, e.g. PLUS3 (STAR3 (expr, ∗, expr),+, expr). An example
tree represents a set of valid complete parse trees for which (1) all child nonterminals in the tree
example are substituted with valid subtrees rooted at that nonterminal, and (2) the resulting tree
after substitution is a subtree of the complete CFG parse tree. Given a tree example 𝑡 , we write
ParseTrees(𝑡) to denote the set of parse trees it represents. Suppose we have tree languages Lg
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representing the set of parse trees of the grammar G rooted at the start nonterminal, T𝑛𝑡
g repre-

senting parse trees rooted at the nonterminal 𝑛𝑡 in G, and functions T𝑛𝑡
g → Lg representing parse

tree contexts for some nonterminal 𝑛𝑡 in G. Then, tree examples with 𝑘 incomplete nonterminals
𝑛𝑡1, . . . , 𝑛𝑡𝑘 , rooted at 𝑛𝑡 are functions T𝑛𝑡1

g × · · · × T𝑛𝑡𝑘
g → T𝑛𝑡

g , and ParseTrees(𝑡) is defined as:

ParseTrees(𝑡) ≜ {𝑡 ′ | ∃ 𝑛𝑡, 𝑛𝑡1, . . . , 𝑛𝑡𝑘 , ∃ 𝐶 ∈ T𝑛𝑡
g → Lg, 𝑡 ∈ T𝑛𝑡1

g × · · · × T𝑛𝑡𝑘
g → T𝑛𝑡

g ,

∃ 𝑡1 ∈ T𝑛𝑡1
g , . . . , 𝑡𝑘 ∈ T𝑛𝑡𝑘

g . 𝑡 ′ =𝐶 [𝑡 (𝑡1, . . . , 𝑡𝑘 )]}

Greta currently supports tree examples that use exactly two productions, which covers the
vast majority of ambiguities in practice. We define some convenient notation to work with these
examples: given a tree example 𝑡 , 𝑡𝑇 denotes the root (top) symbol of 𝑡 , 𝑡𝐵 denotes the nested (bottom)
symbol, 𝑡𝑖𝑑𝑥 denotes the index 𝑖 (starting from 0 on the left) of the child node at which 𝑡𝐵 appears,
where 0 ≤ 𝑖 < Rank(𝑡𝑇 ). Given symbols 𝛼 , 𝛽 and index 𝑖 , Eg(𝛼, 𝛽, 𝑖) denotes the tree example such
that Eg(𝛼, 𝛽, 𝑖)𝑇 = 𝛼 , Eg(𝛼, 𝛽, 𝑖)𝐵 = 𝛽 , Eg(𝛼, 𝛽, 𝑖)𝑖𝑑𝑥 = 𝑖 and all other child nodes are wildcards.
For example, Eg(PLUS3, STAR3, 0) denotes the tree example PLUS3 (STAR3 (expr, ∗, expr),+, expr). An
alternative to a tree example will involve the same two symbols in a different configuration. The
tree examples supported by Greta are the ones that can be expressed with Eg.
An example 𝑡 is an associativity-related example if 𝑡𝑇 = 𝑡𝐵 , and a precedence order-related

example if 𝑡𝑇 ≠ 𝑡𝐵 . When a user is presented with two tree examples, the one that is not selected,
corresponds to trees that we want to exclude from the repaired grammar. 𝑃− (𝑡) denotes the set of
parse trees to remove, corresponding to a tree example 𝑡 not selected by the user:

𝑃− (𝑡) ≜

ParseTrees(𝑡) if 𝑡𝑇 = 𝑡𝐵⋃
0≤𝑖<Rank(𝑡𝑇 )

ParseTrees(Eg(𝑡𝑇 , 𝑡𝐵, 𝑖)) otherwise

In resolving precedence order related conflicts, we enforce a hierarchy of symbols in which a
symbol of higher precedence appears strictly deeper in the tree than a symbol of lower precedence,
hence requiring a union of excluded parse trees for all possible child positions. From the set of
symbols SC involved in precedence or associativity related conflicts, Greta constructs the following
partition of SC:

SE = {𝑆 ⊆ SC | ∀𝑠𝑖 , 𝑠 𝑗 ∈ 𝑆, 𝑠𝑖 ≠ 𝑠 𝑗 , ∃ 𝑛,𝑚 ∈ N such that
ParseTrees(Eg(𝑠𝑖 , 𝑠 𝑗 , 𝑛)) ≠ ∅ ∨ ParseTrees(Eg(𝑠 𝑗 , 𝑠𝑖 ,𝑚)) ≠ ∅, 𝑆 is maximal}

Each set of symbols in SE are the maximal subsets of SC such that for all pairs 𝑠𝑖 and 𝑠 𝑗 in the
set, the grammar (describing language Lg) permits trees Eg(𝑠𝑖 , 𝑠 𝑗 , 𝑛) or Eg(𝑠 𝑗 , 𝑠𝑖 ,𝑚) for some child
positions 𝑛 and𝑚.

For each of these sets, Greta generates precedence-related tree examples for the pairs Eg(𝑠𝑖 , 𝑠 𝑗 , 𝑛)
and Eg(𝑠 𝑗 , 𝑠𝑖 ,𝑚) if they can be parsed in both orders, to obtain a total order of the symbols in the
set. It also generates associativity-related tree examples for those in conflict. It then understands
the desired restrictions by interaction with the user.
We have now laid out notions of tree examples, associativity, precedence, and excluded parse

trees. Our formalism for tree automata and conversion from CFGs to TAs is relatively standard, and
can be found in the supplementary material [20]. We now turn to Greta’s TA learning algorithm.

3.1.1 Base Precedence Order. Algorithm 3.1 starts by computing a set of existing precedence orders
for all the symbols in F in G, referred to as the base precedence order 𝑂bp, in the following way:
• First, a level (or the distance from the start nonterminal) for each nonterminal 𝑒 ∈ 𝑉 is
– 𝑑 (𝑒) = 0 if 𝑒 is a start nonterminal of G.
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– Otherwise, 𝑑 (𝑒) is the smallest 𝑛 such that there exists a sequence of nonterminals 𝑛𝑡0, . . . , 𝑛𝑡𝑛
where 𝑛𝑡𝑛 = 𝑒 , 𝑛𝑡0 is the start nonterminal, and for each 𝑛𝑡𝑖 , 𝑛𝑡𝑖+1, there exists a production
𝑛𝑡𝑖 → 𝛽 in 𝑃 such that 𝛽 contains 𝑛𝑡𝑖+1.

• Next, an order of each symbol 𝑠 in F is determined using the order function 𝑜̂ : F ↦→ Z, defined
𝑜̂ (𝑠) ≜ 𝑑 (Lhs(Prod(𝑠))), where Prod(𝑠) is the unique nonterminal of a ranked symbol, and Lhs

denotes the left-hand side nonterminal of a production.
• Lastly, 𝑂bp is constructed as a set {(𝑠, 𝑜̂ (𝑠)) | 𝑠 ∈ F \ Ftr}, where Ftr is the set of trivial symbols
defined below.

One can think of an order of a symbol 𝑠 as the shortest distance to reach 𝑠 from the start nonterminal.
In the absence of cycles, a symbol at a higher order always appears deeper in the parse tree than a
symbol at a lower order. Correctly stratifying symbol order based on user preference allows us to
correct precedence ambiguities between different symbols and associativity ambiguities between a
symbol and itself. To account for cycles in order, we will need to reintroduce these cycles later in the
TA learning process described in Sec. 3.1.3. Now, looking at the running example G from Fig. 1 with
its start nonterminal stmt, we have the following levels for the nonterminals: 0 for stmt, 1 for both
decl and expr, and 2 for ident. Based on this, we can determine orders for all the symbols. Looking
at the symbol (IF,6) and its production stmt →IF expr THEN stmt ELSE stmt, for instance, the
order of (IF,6) is computed 𝑑(stmt) = 0. Similarly, we can compute orders for all the symbols,
producing 𝑂bp in Sec. 2.3.

The set of trivial symbols Ftr is a set of 1-arity symbols defined as follows:

Ftr ≜
{
𝑠

���� 𝑠 ∈ F ∧ Rank(𝑠) = 1 ∧ 𝛿𝑠 ≜ 𝛼 ←𝑠 𝛽 ∈ Δ where 𝛽 ∈ Σ ∧
∀𝛿𝑠′ ∈ Δ s.t. 𝛿𝑠′ = 𝛼 ←𝑠′ 𝛽

′, 𝛽 ′ ∈ Σ

}
Ftr are symbols whose left hand side nonterminals only lead to a single terminal symbol. Because
we know that symbols in Ftr will not be involved in any ambiguities wrt. associativity or precedence
order, Obp does not include symbols in Ftr and the productions involving trivial symbols remain
intact in the generated TA. Note however, that this separate handling of trivial symbols is only an
optimisation and does not affect the correctness of the learning algorithm. It is also the only such
optimisation in Algorithm 3.1 and Algorithm 3.2.

The construction of the base order 𝑂bp is crucial for obtaining the relative precedence orders of
symbols not involved in the tree examples. If a TA were to be synthesised based on tree examples
alone, the learned TA would feature only those symbols associated with the ambiguities, which is
typically a relatively small subset of the original symbol alphabet. At the same time, we believe
that generating examples that would collectively contain all symbols of the input grammar would
be detrimental for the usability of our tool. This is why the examples provided by Greta only
contains a subset of the grammar’s symbols, leaving aside the ones that were not involved in
the ambiguities from the original grammar. Preserving the precedence orders 𝑂bp of the original
grammar allows Greta to learn a TA involving all precedence and associativity conflicts efficiently,
without compromising soundness wrt. its correctness statement in Sec. 3.1.4.

3.1.2 Computing Associativity and Precedence Order. As illustrated in Algorithm 3.1, the LearnOaOp
procedure takes tree examples not chosen by the user 𝑇 − , the input CFG G and a map𝑀to from
order to a set of ordered sets of symbols from SE that are at that order, from lowest to highest
precedence, inferred from 𝑇 − . 2 Intuitively, we care about negative tree examples in particular
because the goal of the learning algorithm is to exclude undesirable patterns appearing anywhere

2Since all pairs of symbols in the sets of SE can be in precedence conflict (i.e. parsed in either order), they must have the
same order (allowing us to use it to index𝑀to) or are at adjacent orders. If they are at adjacent orders, it is sound to merge
the symbols at the two orders into one.
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ALGORITHM 3.1: LearnOaOp: learning associativity and precedence orderings.
Input: tree examples𝑇 − , order to ordered symbols map𝑀to, input CFG G
Output: associativity𝑂a, precedence order𝑂p
𝑂bp ← base precedence order of G
𝑂a,𝑂p ← {}; 𝑂tmp ← 𝑂bp // temporary set initialised with all elements in 𝑂bp

for 𝑡 ∈ 𝑇 − do
if 𝑡𝑇 = 𝑡𝐵 then

𝑂a ← 𝑂a ∪ { (𝑡𝑇 , 𝑡𝑖𝑑𝑥 ) }
for descending (𝑜,𝐺 ) in𝑀to do

size← maxSize(𝐺 )
𝑆 = symbols(ofOrder(𝑂tmp, 𝑜 ) ) \

⋃
𝑔∈𝐺

𝑔

𝑂tmp ← pushN(𝑂tmp, 𝑜 + 1, 𝑠𝑖𝑧𝑒 − 1) \ ofOrder(𝑂tmp, 𝑜 )
for i in [0, size) do

ithSymbols← getAtIndex(𝐺, 𝑖 )
𝑂tmp ← 𝑂tmp ∪withOrder(𝑆 ∪ ithSymbols, 𝑜 + 𝑖 )
if 𝑖 = 𝑠𝑖𝑧𝑒 − 1 ∧ ∃ 𝑠 ∈ ithSymbols, (𝑠, _) ∈ 𝑂a then

𝑂tmp ← pushN(𝑂tmp, 𝑜 + 𝑖 + 1, 1)
𝑂tmp ← 𝑂tmp ∪withOrder(𝑆, 𝑜 + 𝑖 + 1)

𝑂p ← 𝑂tmp
return (𝑂a,𝑂p )

in the parse tree, as opposed to preserving desired patterns. This is made clear in the description of
the algorithm’s correctness in Sec. 3.1.4. The algorithm then returns restrictions on associativity
𝑂a and precedence order 𝑂p.

The goal of Algorithm 3.1 is to deduce a set𝑂a of associativity restrictions (illegal child positions)
and a set 𝑂p which enforces a hierarchy of precedence orders among conflicting symbols, while
preserving other pairwise orders from 𝑂bp. In section 3.1.3, each order in 𝑂p will correspond to
states in the learned TA, where some state 𝑒𝑖 corresponding to order 𝑖 can be reached by epsilon
transitions from state 𝑒 𝑗 for 𝑗 > 𝑖 . With𝑂bp, LearnOaOp collects restrictions related to associativity
and precedence order, respectively in 𝑂a and 𝑂p.

First, each tree is examined to check if it is an associativity or precedence order-related example.
If it is an associativity-related example, then we store in𝑂a a pair of the symbol and the position of
the nested symbol we want to disallow. For example, in Fig. 3a, the tree not selected contains symbol
(PLUS,3) as a right child (position 1). Then a pair ((PLUS,3), 1) is added to the set𝑂a. Combined with
the tree selected in Fig. 3b, the user interaction produces a set 𝑂a = {((PLUS,3), 1), ((STAR,3), 1)}.
Next, the algorithm iterates over 𝑀to in descending order of the symbol orders. For each order

𝑜 and corresponding set of ordered sets of symbols 𝐺 , it first computes the size of the largest set
in 𝐺 . It then stores in 𝑆 the set of symbols at order 𝑜 that are not involved in any conflict. Then,
it removes the symbols at order 𝑜 from 𝑂tmp and calls pushN, which increments the orders of all
symbols of order ≥ 𝑜 + 1 by 𝑠𝑖𝑧𝑒 − 1, to make room for the new symbols.
Then, for each order 𝑜 + 𝑖 from 𝑜 to 𝑜 + 𝑠𝑖𝑧𝑒 − 1, it inserts the 𝑖-th set of symbols in 𝐺 , and the

auxiliary set of symbols 𝑆 that are not involved in conflicts. getAtIndex returns the symbols at index
𝑖 in every set in 𝐺 , if it exists, and withOrder assigns the specified order to the provided symbols.

As an example, a map𝑀to = {0→ ((STAR,3), (PLUS,3))} would update 𝑂tmp as follows:
{ ((SEMI ,2),0), ((PLUS ,3),0), ((STAR ,3),0) }

↓
{ ((SEMI ,2),0), ((STAR ,3),0), ((SEMI ,2),1), ((PLUS ,3),1) }

Here, the set 𝑆 = {(SEMI,2)}, getAtIndex(𝐺, 0) is (STAR,3) and getAtIndex(𝐺, 1) is (PLUS,3).
This procedure preserves precedence order relations between pairs of symbols that are not

involved in the tree examples. Finally, for all associativity-related symbols in 𝑂a, we want that
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ALGORITHM 3.2: GenTA: generating a TA from associativity, precedence, and the input grammar.
Input:𝑂a associativity set,𝑂p precedence order set, G = (𝑉 , Σ, 𝑆, 𝑃 ) input CFG
Output: A = (𝑄, F, Σ,𝑄 𝑓 ,Δ) a tree automaton
𝑚 ← max order of𝑂p; 𝑄 ← {𝑒0, . . . , 𝑒𝑚 }; 𝑄 𝑓 ← {𝑒0}
F ← ranked symbols of G; Ftr ← trivial symbols of G
𝛿F ← 𝛿-generator 𝑤.𝑟 .𝑡 .productions 𝑃
/* Transitions for non-trivial symbols */

for (𝑠, 𝑖 ) ∈ 𝑂p do
if ∃𝑝, (𝑠, 𝑝 ) ∈ 𝑂a then

// 𝛿𝑠 ≜ 𝑒𝑖 ←𝑠 . . . 𝑒𝑖+1 . . . (𝑒𝑖+1 at position 𝑝 in the RHS, with 𝑛 leading and 𝑚 trailing

nonterminals respectively)

Δ← Δ ∪ {𝛿F (𝑒𝑖 , [𝑒𝑖 ; . . . 𝑒𝑖+1; . . . 𝑒𝑖 ], 𝑠 ) } // 𝑛 leading and 𝑚 trailing 𝑒𝑖’s

else
Δ← Δ ∪ {𝛿F (𝑒𝑖 , 𝑒𝑖 , 𝑠 ) }

/* Transitions for trivial symbols */

for 𝑠′ ∈ Ftr do
𝑄 ← 𝑄 ∪ {𝑒𝑠′ }; Δ← Δ ∪ {𝛿F (𝑒𝑠′ , [ ], 𝑠′ ) } // 𝑖 .𝑒., 𝛿𝑠′ ≜ 𝑒𝑠′ ←𝑠′ 𝛼

/* Transitions for connecting ordered states */

for 𝑖 ∈ [0..𝑚 − 1] do
Δ← Δ ∪ {𝛿F (𝑒𝑖 , [𝑒𝑖+1 ], (𝜖, 1) ) } // 𝑖 .𝑒., 𝛿(𝜖,1) ≜ 𝑒𝑖 ←(𝜖, 1) 𝑒𝑖+1

/* Handle cycles in order */

for (𝑠𝑙, 𝑜𝑙 ), (𝑠ℎ, 𝑜ℎ) ∈ HighToLow(𝐺,𝑂p ) do
Δ← Δ ∪ {𝛿F (𝑒𝑜ℎ, 𝑒𝑜𝑙 , 𝑠ℎ) }

return (𝑄, F, Σ, 𝑄 𝑓 , Δ)

if it is present at level 𝑜 , then the non-conflicting symbols at that level are also present at level
𝑜 + 1, for later TA construction. This is automatically ensured for orders 𝑜 to 𝑜 + 𝑠𝑖𝑧𝑒 − 2 in the
algorithm, but might require an additional push and insert operation for order 𝑜 + 𝑠𝑖𝑧𝑒 − 1. In
addition, LearnOaOp repeatedly shifts and reassigns orders while reinserting conflicting symbols,
resulting in 𝑂 ( |F |2) time and 𝑂 ( |F |) additional space where |F | refers to the size of F . In the
above where (PLUS,3) and (STAR,3) are involved in associativity conflicts, the final set 𝑂𝑝 is:

{ ((SEMI ,2),0), ((STAR ,3),0), ((SEMI ,2),1), ((PLUS ,3),1), ((SEMI ,2),2) }

3.1.3 A Tree Automaton for Inferred Preferences. Based on the preferences specified by the asso-
ciativity set 𝑂a, the precedence order set 𝑂p, and the input CFG G, Algorithm 3.2 constructs a TA
A = (𝑄, F , Σ, 𝑄 𝑓 ,Δ) that encodes the parsing preferences over F . The set of its states𝑄 is initially
populated with states associated with a range of levels, from 0 to the maximum order𝑚 in 𝑂p,
representing each level in the hierarchy of orders, so 𝑄 ≜ {𝑒0, . . . , 𝑒𝑚}. These ordered states are
used to generate transitions with precedence relations among symbols as per 𝑂p, with 𝑄 𝑓 ≜ {𝑒0}.
Next, we have a 𝛿-generator 𝛿F : 𝑄 × 𝑄∗ × F ↦→ Δ. The function 𝛿F takes the left hand side

state, right hand side list of states, and a symbol in F to produce transition with the symbols
in the right positions. In other words, given a transition structure for a symbol in F obtained
from the productions 𝑃 in 𝐺 , 𝛿F replaces all the nonterminals with the left and right hand states
provided, while keeping all the terminal symbols. We write 𝑒𝑖 to denote an appropriately lengthed
list (dictated by the number of nonterminals in the production) filled with the state 𝑒𝑖 . For example,
given a symbol (IF,4), when we provide 𝑒1 of length 2 as an input list of states, 𝛿F (𝑒1, 𝑒1, (IF,4))
returns e1 ←(IF, 4) IF e1THEN e1 which is a result of replacing all the nonterminals from the original
production stmt →IF expr THEN stmt with a state e1 while keeping all the terminals IF and THEN

intact.3 This procedure of retrieving a template (predefined transition rule) from amap and replacing
3In this case, we replace all the nonterminals—stmt, expr, and stmt—with e1 as it is listed as the only new state to replace
the old states and there is no nonterminal associated with the symbols in Ftr. Note that if the input list is of length > 1, we
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certain (nonterminal) placeholders with provided contents (new nonterminals) is comparable to
template-based code generation [31].

For each (𝑠, 𝑖) ∈ 𝑂p, if there exists a pair (𝑠, 𝑝) ∈ 𝑂a (i.e. 𝑠 is involved in an associativity conflict),
then a transition rule 𝛿F (𝑒𝑖 , [𝑒𝑖 ; . . . 𝑒𝑖+1; . . . 𝑒𝑖 ], 𝑠) is added to Δ, where there the list of right hand
side states include 𝑛 leading 𝑒𝑖 ’s then 𝑒𝑖+1 followed by 𝑚 trailing 𝑒𝑖 ’s. This corresponds to 𝑒𝑖+1
appearing at a postition 𝑝 in the right hand side of the production with 𝑛 leading nonterminals.
This ensures that child symbol does not appear at the 𝑝-th position. For example, ((PLUS,3), 1) in
𝑂a along with ((PLUS,3), 2) in 𝑂p adds a rule 𝛿F (𝑒2, [𝑒2; 𝑒3], 𝑠) ≜ e2 ←(PLUS, 3) e2 PLUS e3 to Δ.

When a symbol 𝑠 (at order 𝑖) is not contained in𝑂a then we simply add 𝛿F (𝑒𝑖 , 𝑒𝑖 , 𝑠). For example,
((IF,4), 1) in 𝑂p results in 𝛿F (𝑒1, 𝑒1, (IF,4)) ≜ e1 ←(IF, 4) IF e1THEN e1 being added to Δ.
Next, for each symbol 𝑠′ in Ftr and its associated state 𝑒′, we add 𝛿F (𝑒′, [], 𝑠′) to Δ and 𝑒′ to

𝑄 , thus allowing a transition such as ident ←(IDENT, 1) IDENT to be included in Δ. Following the
addition of rules for the trivial symbols, we connect the states of different levels, by generating
(𝜖, 1)-transitions consecutively, from 𝑒0 to 𝑒1, 𝑒1 to 𝑒2, and so on until 𝑒𝑚−1 to 𝑒𝑚 .

To handle cycles in the order of symbols correctly, we also need to add transitions that allow for
these cycles in the learned automata. Consider symbols 𝑠𝑙 and 𝑠ℎ where 𝑠ℎ is at a higher order in
𝑂bp than 𝑠𝑙 , with productions 𝑒𝑙 →𝑠𝑙 𝛽𝑙 and 𝑒ℎ →𝑠ℎ 𝛽ℎ in G such that 𝑒𝑙 ∈ 𝛽ℎ—i.e., 𝑠𝑙 can appear
deeper in a parse tree than 𝑠ℎ . Intuitively, such circularity in symbol order needs to be reintroduced
in the automaton. The function HighToLow(𝐺 , 𝑂p) identifies such pairs and returns (𝑠ℎ, 𝑜ℎ), (𝑠𝑙 , 𝑜𝑙 )
where 𝑜ℎ is the highest order of 𝑠ℎ and 𝑜𝑙 is the lowest order of 𝑠𝑙 in 𝑂p. For each such pair, we add
the transition 𝛿F (𝑒𝑜ℎ , 𝑒𝑜𝑙 , 𝑠ℎ) connecting them.

Lastly, the transition rules in Δ along with𝑄 , F , and𝑄 𝑓 result in a TA, as shown in Fig. 7. Given
that |F | is the total number of symbols, GenTA has time and space complexity of 𝑂 ( |F |). Details
of the complexity analysis can be found in the supplementary material [20].
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Fig. 10. Trees in L+ and L− .

3.1.4 Soundness of Tree Automata Learning. Algo-
rithm 3.2 is sound in the following sense: a tree au-
tomaton it constructs faithfully encodes associativity
and precedence order, and does not lose unrelated infor-
mation from the input grammar G.

Given trees 𝑇 + selected by the user, and trees 𝑇 − not
selected by the user, we define the tree languages: L+ ≜⋃
𝑡 ∈𝑇 +

ParseTrees(𝑡) and L− ≜
⋃

𝑡 ′∈𝑇 −
𝑃− (𝑡 ′). 𝐿+ is the set

of all parse trees described by the selected tree examples,
and 𝐿− is the set of trees that are excluded by Greta,
which strictly enforces symbol hierarchy as described in Sec. 3.1. These sets can have an overlap,
as illustrated in Fig. 10. We want our learned TA to reject all trees described by 𝐿− , which will also
exclude this intersected region of 𝐿+. With these definitions, we state our main soundness result.

Theorem 3.1 (Soundness of GenTA). Let Ar be the finite TA returned by Algorithm 3.2 and Ag

be the TA derived from CFG G, 𝑇 − be the negative tree examples. Further, Lr = 𝐿(Ar), Lg = 𝐿(Ag),
and L− =

⋃
𝑡 ∈𝑇 −

𝑃− (𝑡). Then, L𝑟 ⊇ Lg \ L− , and L𝑟 ∩ L− = ∅.

Proof. Provided in the supplementary material [20]. □

replace each old state (excluding the states associated with trivial symbols) with the new states in the input list starting
from the head element consecutively. For example, given structure of (PLUS, 3)-transition expr←(PLUS, 3) expr PLUS
expr, applying the 𝛿-generator 𝛿F (𝑒2, [𝑒2;𝑒3 ],(PLUS, 3)) produces e2←(PLUS, 3) e2 PLUS e3.
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ss:

| s ss

| /* empty */
s:

| dcl SEMI

| id EQ x SEMI

| IF LPAREN x RPAREN s

| IF LPAREN x RPAREN s ELSE s

| RETURN x SEMI

| WHILE LPAREN x RPAREN s

| LBRACE ss RBRACE

e:

| e PLUS e

| e DASH e

| e STAR e

| id

| int

| LPAREN e RPAREN

id: IDENT

int: INT

dcl: TINT id EQ e

(a) Original grammar

ss:

| s1 ss

| /* empty */
s1:

| IF LPAREN e1 RPAREN s1

| s2

s2:

| dcl SEMI

| id EQ e1 SEMI

| WHILE LPAREN e1 RPAREN s2

| RETURN e1 SEMI

| LBRACE ss RBRACE

| IF LPAREN e1 RPAREN s2 ELSE s2

e1:

| e1 PLUS e2 | e2

e2:

| e2 DASH e3 | e3

e3:

| e3 STAR e4 | exp4

exp4:

| id

| int

| LPAREN e1 RPAREN

id: IDENT

int: INT

dcl: TINT id EQ e1

(b) Repair via Greta

(ss,e1):

| (s,e1) (ss,e1)

(s,e1):

| (if,if) (lparen ,lparen) (e,e1)

(rparen ,rparen) (s,e1)

(e2,e2):

| (int,e3)

| (id,e3)

(ss,e1):

| (𝜖 ,𝜖 )

| (𝜖 ,e2)

(e,e1):

| (e2,𝜖 )

| (e2,e2)

| (e2,e4)

| (e2,e3)

(e,e2):

| (e,e2) (dash ,plus) (e,e2)

| (e,e2) (dash ,dash) (e,e2)

| (e,return) (dash ,e2) (e,semi)

| (e,lparen) (dash ,e1) (e,rparen)

| (e,e2) (dash ,dash) (e,e2)

| (e,lbrace) (dash ,e1) (e,rbrace)

(s,e2):

| (return,e2) (exp ,plus) (semi ,e2)

| (return,e2) (exp ,dash) (semi ,e2)

| (return,return) (e,e2) (semi ,semi)

| (return,lparen) (e,e1) (semi ,rparen)

:

(c) Repair via classical TA intersection

Fig. 11. Disambiguated grammar returned by Greta vs. simple cross products.

The first statement asserts that Ar does not lose any unnecessary parse trees in Lg that are
not excluded by the negative examples in 𝑇 − (which includes the parse trees selected by the user).
The second statement asserts that Ar does not accept any tree that belongs to L− , that have been
discarded by the user.

We conclude by noting that the CFG translated from the resulted automaton is not readily usable
as a repair solution of the original grammar. That is because the TA is generated to be permissive
enough to include all the original grammar’s parse trees that do not have to do with conflicts,
but this makes the TA accept even the trees that should not be allowed. For example, a tree for
IF 1 THEN 2 PLUS 3 is accepted by Ar, whereas it is not accepted by Ag. This leads us to discuss
our next contribution, an algorithm for intersection of Ar and Ag.

3.2 Intersecting Tree Automata for Context-Free Grammars
Our intersection algorithm ultimately computes the component-wise cross-products of sets of
states, accepting states, and transition rules [10]. In the standard definition of finite tree automata
(FTA) intersection, this cross-product construction is applied uniformly to all states and transitions,
combining transitions solely based on matching arity of ranked symbols and enumerating all
resulting state tuples, regardless of whether they can contribute to accepting run. Algorithm 3.3
departs from the textbook construction in two key aspects that are essential in our grammar-based
setting: (1) it gives special treatment to transitions involving terminals (i.e., producing the product
of transitions not only based on matching arity, but also the precise sequence of terminals and
nonterminals on the right-hand side), and (2) it incorporates reachability-based optimisations
directly into the construction. That is because (1) the standard definition does not account for
transitions involving terminals, producing a more complex grammar due to states mapped from
all the existing terminals. This helps us to produce a more idiomatic grammar, as shown by the
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ALGORITHM 3.3: IntersectTA
Input: Ag = (𝑄g, F, Σ,𝑄gf,Δg ) and Ar = (𝑄r, F, Σ,𝑄rf,Δr ) tree automata
Output: A = (𝑄, F, Σ,𝑄f,Δ) a tree automaton
𝑄f ← 𝑄gf × 𝑄rf
/* Learn Δ wrt. reachable states */
𝑄,𝑄tmp ← 𝑄f
while𝑄tmp ≠ ∅ do

for (𝑒g, 𝑒r ) ∈ 𝑄tmp do
Fg ← symbols of 𝑒g in Δg; Fr ← symbols of 𝑒r in Δr /* Includes symbols reachable by

(𝜖, 1)-transitions */
F′ ← Fg ∩ Fr
for 𝑠 ∈ F′ do

𝛿𝑔
𝑠 ← 𝛿𝑠 producing 𝑒g in Δg; 𝛿𝑟

𝑠 ← 𝛿𝑠 producing 𝑒r in Δr
Δ← Δ ∪ {𝛿𝑔

𝑠 × 𝛿𝑟
𝑠 }

𝑄 ′ ← reachable states of (𝑒g, 𝑒r ) in 𝛿𝑔
𝑠 × 𝛿𝑟

𝑠

𝑄tmp ← 𝑄tmp ∪ {𝑞 | 𝑞 ∈ 𝑄 ′ and 𝑞 ∉ 𝑄 }\{ (𝑒g, 𝑒r ) }; 𝑄 ← 𝑄 ∪𝑄 ′
/* Remove duplicate states */
𝑄dup ≜ FindDupStates(𝑄,Δ)
for ( (𝑥g, 𝑥r ), (𝑦g, 𝑦r ) ) ∈ 𝑄dup do

𝑄 ← 𝑄\{ (𝑦g, 𝑦r ) }
Δ← Δ\{𝛿 | 𝛿 producing (𝑦g, 𝑦r ) }
Replace (𝑦g, 𝑦r ) with (𝑥g, 𝑥r ) in Δ

/* Introduce 𝜖-transitions to simplify Δ */
𝐿𝑞 ← Ordered list of𝑄 whose |𝛿 | is smallest to largest
for 𝑖 ∈ [0 .. |𝐿𝑞 | ) do

Δ𝑖 ← {𝛿 | 𝛿 ∈ Δ producing ith 𝑄 in 𝐿𝑞 }
for 𝑗 ∈ [𝑖 + 1 .. |𝐿𝑞 | ) do

Δ𝑗 ← {𝛿 | 𝛿 ∈ Δ producing jth 𝑄 in 𝐿𝑞 }
if RHS of Δ𝑖 ⊂ RHS of Δ𝑗 then

Δ′𝑗 ← (Δ𝑗 \Δ𝑖 ) ∪ {𝑒 𝑗 ←(𝜖,1) 𝑒𝑖 }
Δ← (Δ\Δ𝑗 ) ∪ Δ′𝑗

return (𝑄, F, Σ,𝑄f,Δ)

grammar in Fig. 11b as compared to the results taken from the textbook definition of cross-products
in Fig. 11c. We introduced (2) because simply taking cross-products of each component yields a
number of states and transitions that cannot reach the final states, which we can avoid computing
entirely, by leveraging reachability analysis.

Algorithm 3.3 summarises the algorithm optimised for reachability as well as transitions involving
terminals, to efficiently compute the intersection of tree automata. Below, we elaborate on some
of its components. First, the algorithm computes a set of accepting states 𝑄f by taking the cross-
product of the sets of accepting states of the input TAs: 𝑄gf and 𝑄rf. Since we are intersecting
two TAs, 𝑄f consists of only one state (i.e., a pair consisting of states respectively from 𝑄gf and
𝑄rf). Next, the algorithm updates a set of states 𝑄 and a temporary list of states 𝑄tmp with 𝑄f.
Notice that if we simply take a cross-product of 𝑄g and 𝑄r to populate 𝑄 , the resulting set 𝑄
might contain states that are not reachable, and, thus, don’t have to be included in 𝑄 . Therefore,
we add to 𝑄 only those states that can reach the final state in 𝑄f to result in a TA. We maintain
𝑄tmp as a worklist by adding any states we encounter for the first time and consuming the states
whenever we generate transitions producing them. Specifically, for all (𝑒g, 𝑒r) in 𝑄tmp, we obtain
all the transitions corresponding to (𝑒g, 𝑒r) with labels that are intersection of the ranked symbols
which 𝑒g and 𝑒r can respectively take in Δg and Δr, possibly with 𝜖-transitions. Then, we update 𝑄
and 𝑄tmp with states that have not been collected by 𝑄 and are reachable from—i.e., appearing on
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ALGORITHM 3.4: FindDupStates
Input:𝑄 a set of states, Δ a set of transitions
Output:𝑄dup a set of state pairs
for 𝑒𝑖 ∈ 𝑄 do

Δ𝑖 ← Transitions to 𝑒𝑖 in Δ
Δ𝑖 ← Replace 𝑒𝑖 with 𝑒𝑡𝑚𝑝 in Δ𝑖

for 𝑒 𝑗 ∈ 𝑄\{𝑒𝑖 } do
Δ𝑗 ← Transitions to 𝑒 𝑗 in Δ
Δ𝑗 ← Replace 𝑒 𝑗 with 𝑒𝑡𝑚𝑝 in Δ𝑗

if Δ𝑖 = Δ𝑗 then
𝑄dup ← 𝑄dup ∪ { (𝑒𝑖 , 𝑒 𝑗 ) }

return𝑄dup

the right-hand sides of the transitions from—(𝑒g, 𝑒r), while we remove (𝑒g, 𝑒r) from 𝑄tmp. These
steps are repeated to add unseen states to 𝑄 and new set of transitions to Δ until 𝑄tmp is empty.
Upon collecting all the raw cross-products of the transitions, we remove any duplicate states,

identified via RemoveDupStates in Algorithm 3.4, and their corresponding transitions, to reduce
the TA following the idea of TA minimisation [10]. Lastly, we examine Δ again to determine which
(sub)set of transitions are repeated for states and introduce (𝜖, 1)-transitions to simplify the TA
further.Moreover, let |𝑄g |, |𝑄r | and |Δg |, |Δr | be the numbers of states and transitions of the two input
automata. Then, IntersectTA costs𝑂 (( |𝑄g | · |𝑄r |)2 · |Δ𝑔 | · |Δ𝑟 |) time and𝑂 (( |𝑄g | · |𝑄r |)2+|Δ𝑔 | · |Δ𝑟 |)
space in the worst case.We include details of complexity analysis in the supplementary material [20].

Theorem 3.2 (Correctness of Greta). The intersection of automaton Ar (GenTA’s result) with

Ag (the automaton derived from CFG G) produces a tree automaton recognizing the language Lg \L− .

Proof. Follows from Theorem 3.1 and set intersection. □

4 Implementation and Evaluation
We implemented the proposed methodology in a tool called Greta. Greta is written in OCaml and
depends on OCaml’s standard LR(1) parser generatorMenhir [30] for identifying ambiguities in
the given grammar. We use Menhir, as it can handle more complex grammars than ocamlyacc,
an LALR(1) parser generator, and produces more detailed and comprehensible error messages for
debugging faulty grammars, making it the parser generator of choice in OCaml [25]. The initial
CFG is therefore expressed in Menhir’s input format. Then, tree examples are created based on the
set of productions that lead to each conflict identified byMenhir.

4.1 Interaction Design
We designed the user interface of Greta in a way that reduces the number of choices the user has to
make, so Greta would resolve 𝑁 ambiguities with at most 𝑁 interactions with the user. We do so by
presenting one set of tree alternatives out of the group of involved tokens (i.e., symbols) per state,
where a conflict happens, according toMenhir. For example, if a grammar has two precedence order
conflicts, one between (IF,4) and (PLUS,3) and another between (IF,4) and (STAR,3), Menhir

reports a conflict at a state reached after processing the (IF,4)-production where tokens involved
are PLUS and STAR. In this case, Greta presents only one set of trees, each of which alternate the
depths of symbols, e.g., (IF,4) and (PLUS,3), respectively.
We aim to reduce the interaction burden on the user by not requiring them to choose a tree

example for every single ambiguity in the grammar. Consider the following scenario where there
are three ambiguities: one between (IF,6) and (STAR,3), another between (IF,4) and (STAR,3),
and third one between (IF,4) and (IF,6). Based on our interaction design, we present the two
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sets of trees to the user: one showing trees with alternating depths of symbols (IF,6) and (STAR,3)

and another one with symbols (IF,4) and (STAR,3). Suppose the user has selected precedence
relations (IF,6) > (STAR,3) and (IF,4) < (STAR,3). Based on this, we can infer (IF,4) < (IF,6).
Thus, Greta ends up resolving three ambiguities with only two tree selections. Note that if the user
has chosen (IF,6) > (STAR,3) and (IF,4) > (STAR,3), Greta would have required another user
interaction. Therefore, the number of prompts to the user depends not just on the conflicts in the
input CFG, but also on the set of trees selected by the user in each interaction.

4.2 Experimental Setup
A run of Greta involves a series of user prompts, in which the user specifies their preference
between two tree examples. Greta then produces a new grammar by applying the methodology
from Sec. 3 and provides it as a new input to Menhir. In this process, the user does not have
to do or know that Greta involves any operations on TAs. When the newly produced CFG still
contains ambiguities, there are subsequent rounds of running Greta involving user interaction
until Greta successfully resolves all the ambiguities or left with ambiguities not addressable by
Greta. We discuss the non-addressable ambiguities in detail in Sec. 4.4. Hence, the end-to-end
workflow of Greta involves a series of prompts. Since each prompt provides two tree examples, the
cumulative scenarios become exponential in the number of prompts, which quickly gets intractable
for manual testing. Our testing framework therefore automates this interaction with Expect [23], a
terminal text interface automation tool. Moreover, since we do not involve real users, we present all
ambiguities in each grammar and test for all possible scenarios. All our experiments are conducted
on a commodity machine running Ubuntu 22.04, with 16GB RAM and 16 logical CPU cores.

Benchmarks. To evaluate our methodology, we accumulated a variety of grammars whose sizes
vary wrt. numbers of terminals, nonterminals, and productions, as shown in the first three columns
in Tab. 1.𝐺0 is identical to the running example in Fig. 1.𝐺1 is similar to𝐺0 but more interesting as
it allows symbols for binary operations (PLUS,3) and (STAR,3) to conflict with symbols (IF,4) and
(IF,6), making it possible for the grammar to have more ambiguities. We obtained the next three
grammars 𝐺2 to 𝐺4 from course assignments of a popular class on compiler design. 𝐺2 describes
a simple boolean language, 𝐺3 and 𝐺4 define more complex languages including while loop and
various binary operations in addition to boolean expressions.𝐺5 and𝐺6 are collected from questions
posted on StackOverflow. 𝐺5 is a simple grammar written for logical expressions,4 whereas 𝐺6
describes a language for expressing constraints with inequalities and binary operations.5 𝐺1 to 𝐺6
comes in 2 or 3 variants,𝐺𝑁 a to𝐺𝑁b (or𝐺𝑁 c), containing different number/type of ambiguities to
see how Greta performs in terms of accuracy and speed with an increasing number of ambiguities.

We compiled practical grammars of real-world languages:𝐺7,𝐺8, and𝐺9. 𝐺7 is the Michelson
grammar that is used for specifying smart contracts on the Tezos blockchain, while 𝐺8 is the
grammar of Kaitai, a declarative language for describing binary structures in Tezos.6 𝐺7 grammar
was obtained from a publicly available subset of the Michelson grammar,7 combined with more
constructs from the Michelson reference.8 Lastly, 𝐺9 is a subset of the SQL language, a standard
language used for accessing and manipulating databases.

4https://stackoverflow.com/questions/910445/issue-resolving-a-shift-reduce-conflict-in-my-grammar.
5https://stackoverflow.com/questions/4588397/fixing-lemon-parsing-confilcts?rq=3.
6https://gitlab.com/tezos/tezos/-/tree/master/client-libs/kaitai-ocaml
7https://github.com/aigarashi/ocaml_of_michelson
8https://tezos.gitlab.io/michelson-reference/
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Table 1. Aggregate results from Greta runs. The table presents the number of terminals (|Σ|), the number of

nonterminals (|𝑉 |), the number of productions (|𝑃 |), the total number of ambiguities in each grammar reported

by Menhir (𝐴𝑝,𝑎) where 𝑝 refers to the number of ambiguities wrt. precedence order and 𝑎 refers to the number

of ambiguities wrt. associativity, the average number of prompts (Δ), time spent in converting the grammar

to TA in ms (Conv), time spent for TA learning in ms (Learn), TA intersection time in ms with percentage of

scenarios successfully disambiguated as subscript (𝐼def% ), TA intersection time inmswithout reachability-based
optimisation (𝐼 1%), without duplicate removal optimisation (𝐼 2%), without epsilon introduction optimisation (𝐼 3%),
and without all three optimisations (𝐼 123% ), each with their respective percentage fixed as subscript, total time

for manual disambiguation in s (𝑇man), and number of production edits for manual disambiguation (Δman).

|Σ | |𝑉 | |𝑃 | A𝑝,𝑎 Δ Conv Learn 𝐼 def% 𝐼 1% 𝐼 2% 𝐼 3% 𝐼 123% 𝑇man Δman

𝐺0 13 5 10 5 2,2 4 0.06 1.68 0.6250 3.0650 0.910 0.5020 2.210 265 9.5

𝐺1a 11 4 10 4 3,1 4 0.06 0.75 0.8446 3.5346 1.360 0.6715 3.020 163 6
𝐺1b 11 4 10 7 6,1 7 0.06 0.93 0.8347 2.4247 0.970 0.5823 1.850 202 7
𝐺1c 11 3 9 9 6,2 8 0.05 1.07 0.8044 1.9444 0.890 0.626 1.360 169 9.5

Average 7 5,1 6.3 0.06 0.92 0.8245 2.6346 1.080 0.6215 2.080 178 7.5

𝐺2a 10 3 10 4 2,2 4 0.07 0.72 0.94100 3.15100 1.76100 0.86100 2.97100 294 12
𝐺2b 10 3 10 6 3,2 5 0.06 0.76 0.68100 1.56100 0.83100 0.53100 1.26100 123 8
𝐺2c 10 2 9 12 6,3 9 0.05 1.20 0.83100 1.52100 0.92100 0.62100 1.05100 178 12

Average 7 4,2 6.0 0.06 0.89 0.82100 2.08100 1.17100 0.67100 1.76100 198 10.7

𝐺3a 17 8 20 2 1,1 3 0.13 1.01 3.3950 10.7150 4.160 2.9711 8.750 244 14
𝐺3b 18 9 21 3 2,1 6 0.10 1.01 1.6350 8.2350 2.540 1.4911 8.090 209 12.5

Average 2 2,1 4.5 0.12 1.01 2.5150 9.4750 3.350 2.2311 8.420 226 13.2

𝐺4a 25 10 26 3 1,2 3 0.17 1.10 2.64100 15.20100 3.51100 2.63100 8.23100 123 3
𝐺4b 25 8 24 12 6,3 9 0.12 1.36 1.81100 7.47100 2.52100 1.36100 7.05100 176 10.5
𝐺4c 25 8 24 16 6,4 10 0.11 1.45 1.67100 7.58100 2.35100 1.17100 7.13100 154 10

Average 10 4,3 7.3 0.13 1.30 2.04100 10.09100 2.80100 1.72100 7.47100 151 7.8

𝐺5a 8 4 9 2 1,1 2 0.06 0.47 0.64100 2.09100 0.90100 0.49100 1.93100 80 4
𝐺5b 8 4 9 2 1,1 3 0.06 0.61 0.73100 3.13100 0.82100 0.58100 2.34100 56 5
𝐺5c 8 2 7 6 3,2 5 0.04 0.71 0.49100 0.84100 0.58100 0.41100 0.71100 86 8

Average 3 2,1 3.3 0.05 0.60 0.62100 2.02100 0.76100 0.50100 1.66100 74 5.7

𝐺6a 21 5 23 2 1,1 2 0.19 1.03 2.24100 4.80100 2.88100 2.33100 5.02100 84 5
𝐺6b 21 5 23 14 7,4 11 0.16 1.75 1.96100 8.22100 2.72100 1.38100 6.59100 220 14.5
𝐺6c 21 5 23 18 8,6 14 0.13 2.03 2.28100 8.32100 3.21100 1.54100 6.71100 266 17

Average 11 5,4 9.0 0.16 1.60 2.16100 7.12100 2.94100 1.75100 6.11100 190 12.2

𝐺7 56 12 77 3 2,1 3 0.51 2.47 4.79100 24.67100 5.60100 4.01100 19.45100 337 8.5

𝐺8 37 32 72 9 3,3 6 116.19 127.02 1.92100 5828.16100 2.89100 1.51100 242.55100 305 6.5

𝐺9 29 18 42 23 7,9 16 0.24 2.81 5.14100 155.44100 6.45100 3.26100 23.77100 549 25

4.3 Experimental Results
Aggregate results from completed runs of Greta are presented in Tab. 1. Grammars are arranged
in an increasing order of size per benchmark source, where the size can be approximated by the
numbers of productions |𝑃 | as well as terminals |Σ|, and the nonterminals |𝑉 |. Variations of each
grammar, should there be any, are sorted by the number of ambiguities in an increasing order,
as shown by the 𝐴𝑝,𝑎 column where 𝑝 is the number related to precedence order and 𝑎 related
to associativity. In addition to the default configuration (𝐼def% ), we report results under several
ablations of the intersection algorithm, shown in the 𝐼 1%, 𝐼 2%, 𝐼 3%, and 𝐼 123% columns in Tab. 1.9 These
ablations selectively disable optimisations introduced in Algorithm 3.3: (i) 𝐼 1% disables computing
raw cross-products of all transitions without restricting to reachable states via learned Δ; (ii) 𝐼 2%
disables duplicate-state removal; (iii) 𝐼 3% disables 𝜖-introduction; and (iv) 𝐼 123% disables all three

9The subscripted percentage % refers to success rate under each approach.
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optimisations. This breakdown allows us to isolate how each optimisation affects both effectiveness
and efficiency of Greta. We address the following research questions to evaluate the results:
• RQ1: How effective is Greta in eliminating all the ambiguities in the grammars, and what factors
contribute to its performance?
• RQ2: How does increase in ambiguities or grammar size affect efficiency of Greta?
• RQ3: How scalable is Greta wrt. the input grammar size or number of ambiguities?

4.3.1 RQ1: Effectiveness. Overall, Greta successfully repairs ambiguous grammars with an average
of 85% fix rate. Seven out of ten grammars show a perfect 100% fix rate, with the lowest fix rates
from 𝐺1 for which most failures come primarily from the fact thatMenhir, an LR(1) parser, can
look ahead only one token at a time and is unable to distinguish differences in parsing options
that would be clear if it could look ahead further. In other words, there are situations when Greta

reports remaining ambiguities in the repaired grammar as it relies on Menhir to identify them,
even though there are no ambiguities in the underlying CFG. In such cases, attempts by Greta to
remove forbidden trees will not change the grammar further.

x2 → IF cond THEN x2 ELSE x2

x2 → x3

x3 → IF cond THEN x3

:

Fig. 12. Productions wrt. (IF,6) < (IF,4)

These cases are reported as failures, contribut-
ing to lower fix rates of 𝐺0, 𝐺1 and 𝐺3 in Tab. 1.
For example, in the case of 𝐺0, if a tree specify-
ing (IF,6) < (IF,4) is selected, Greta produces a
grammar containing the fragment shown in Fig. 12.
Given these productions, suppose Menhir tries to
parse an expression like IF TRUE THEN IF TRUE THEN 1 ELSE 2. It can be done by first ap-
plying the rule x2 → IF cond THEN x2 ELSE x2, and then at the nonterminal x2 after
THEN, applying either (1) the same rule or (2) 𝜖-transitioning to x3 and then applying
x3 → IF cond THEN x3, even though (1) would produce different number of ELSEs in the program.
On the other hand, if (IF,4) < (IF,6) is selected, generating transitions in Fig. 13,Menhir no longer
reports ambiguities as parsing can be done only in one way: first, by applying x2 → IF cond x2, then
at the nonterminal x2 after THEN, 𝜖-transitioning to x3, and applying x3 → IF cond THEN x3 ELSE x3.

x2 → IF cond THEN x2

x2 → x3

x3 → IF cond THEN x3 ELSE x3

:

Fig. 13. Productions wrt. (IF,4) < (IF,6)

Across all benchmarks, the success rate (%) of 𝐼 1%
matches that of the default configuration (𝐼def% ). Al-
though 𝐼 1% performs intersection using unrestricted cross-
products, the subsequent duplicate-state elimination and
𝜖-introduction steps ensure that the resulting automata
and grammars are identical to those produced under
all optimisations. This indicates that optimisations 1 primarily improves efficiency rather than
correctness. In contrast, disabling duplicate-state removal (𝐼 2%) or 𝜖-introduction (𝐼 3%) significantly
degrades effectiveness for several grammars, notably𝐺0,𝐺1s, and𝐺3s. In these cases, the resulting
tree automata and CFGs remain semantically correct, but contain redundant or overlapping states
and nonterminals that render the grammar unsuitable as input to a deterministic LR parser genera-
tor. This highlights an important distinction: while tree automata and CFGs tolerate redundancy,
deterministic parsing does not. Consequently, optimisations such as duplicate elimination and
𝜖-introduction are not merely performance improvements, but are necessary to ensure compatibility
with LR parsing, which Greta relies on viaMenhir. In addition, when all optimisations are disabled
(𝐼 123% ), these issues compound, leading to consistently low success rates for the same grammar.

For almost all benchmark data, there is at least one scenario, i.e., a combination of user selections,
which leads to elimination of all the ambiguities. This means, Greta can be used to offer parsing
options that eventually make the grammar conflict-free, which is potentially useful for the users
who are looking for a possible way to disambiguate the grammar. It takes about 6.3 prompts to
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fully fix a grammar with an average of 8 ambiguities. This shows the benefit of our interaction
design, as it indeed requires less than 𝑁 prompts to address 𝑁 ambiguities on average.

4.3.2 RQ2: Efficiency. Greta is fast in performing disambiguation across different grammars,
with an average of less than 20ms running time (excluding the user interaction time), which is
barely noticeable to a user. The time measured refers to an average amount of time it took for
successful cases, i.e., when the scenarios being tested result in resolution of all the ambiguities. As
shown in Tab. 1, the total runtime is split into three different components, showing the time spent
for conversion (Conv), TA learning (Learn), and TA intersection with all optimisations enabled
(𝐼def% ). Across most grammars, conversion contributes the least to the overall runtime, followed by
learning, with intersection typically dominating. The optimisations made in Algorithm 3.3, bring
an algorithm that is usually strictly quadratic in the number of productions, to one that is more
efficient. Intersection is slowest for 𝐺7 which has the most productions, and for which there are
many reachable states to compute. Time spent for conversion and intersection appears largely
unaffected by the number of ambiguities, as shown in in Fig. 14a and Fig. 14c. Fig. 14b shows more
prominent slowdown for learning wrt. number of ambiguities, with a clearer upward trend.
𝐺8, one of the larger grammars, has a significantly slower learning and conversion time compared

to the other grammars. We believe that this is likely due to its larger number of states in combination
with a large number of productions, for which book-keeping procedures in conversion and learning
in our implementation, scale quadratically. In contrast, the default intersection time for𝐺8 remains
relatively modest. This is because intersection is computed only over reachable state pairs, which
dramatically reduces the effective search space. The impact of this optimisation is confirmed by the
ablation results: when reachability-based pruning is disabled (𝐼 1% and 𝐼 123% ), intersection time for 𝐺8
increases by several orders of magnitude. This shows that the reachability optimisation is important
for containing the cost of intersection in grammars with large numbers of states and productions.
That is, while large grammars can result in expensive conversion and learning, the intersection
optimisations are effective at preventing state explosion from dominating total runtime.

4.3.3 RQ3: Scalability. We examine performance trends as the input grammar size (i.e., the numbers
of productions |𝑃 |, of terminals |Σ|, and of nonterminals |𝑉 |) and ambiguity count increases to
assess scalability. Across grammar families 𝐺1-𝐺6, increasing the number of ambiguities has only
a moderate impact on conversion or intersection time, with a slower-than-linear upward trend in
learning time, as can be shown in Fig. 14. This indicates that increasing the number of ambiguities
has only a moderate impact on learning time, indicating that Greta scales well with respect to
ambiguity count alone. On the other hand, grammars with large numbers of productions and
symbols or complex nonterminal structure (e.g., deeply nested or mutually recursive nonterminals)
incur higher costs, reflecting the increased size of the induced automata. For instance, even for
a grammar with more than 20 ambiguities (e.g., 𝐺9), Greta successfully eliminates all supported
ambiguities within a few milliseconds. Moreover, Greta takes the longest on average to repair 𝐺8,
despite having fewer ambiguities than grammars like 𝐺2c, 𝐺4b-c, 𝐺6b-c and 𝐺9, due to its large
production set combined with its productions containing a large number of mutually recursive
nonterminals. These results suggest that scalability of Greta is governed less by the sheer number
of ambiguities than by the size and the structural complexity of the grammar.

Although these trends may suggest that Greta scales robustly in ambiguity count and reasonably
in grammar size, there is a caveat: the times measured were obtained from successful runs, whereas
a bigger and more complex grammar is likely to contain edge scenarios which are outside the scope
of Greta or of Menhir that Greta depends on. This implies that scalability of Greta is subject to its
scope and limitations which we discuss further in Sec. 4.4.
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Fig. 14. Performance metrics for various grammar types across different numbers of ambiguities. Each point

represents a grammar variant, with markers indicating the grammar family.

4.3.4 Manual Disambiguation. To assess the effort required to repair grammars without Greta, two
of the authors independently performed manual disambiguation for each grammar usingMenhir

alone. Manual disambiguation consisted of repeatedly inspecting Menhir’s error messages and
conflict reports, editing grammar productions to address reported ambiguities, and re-running
Menhir until no further conflicts were reported. Both authors were equally familiar with Menhir’s
input format and the interpretation of its conflict diagnostics.
For each grammar, we recorded the total time spent on manual repair and the number of

production edits made; the values in columns𝑇man andΔman of Tab. 1 are the averages of the time and
of the edits made. In practice, manual repair takes on the order of minutes rather than (milli)seconds
and requires dozens of production edits, even for grammars with a modest number of ambiguities.
Moreover, manual fixes were occasionally incorrect or overly restrictive, unintentionally eliminating
valid parses. Such cases required undoing or revising earlier changes, further increasing the
overall effort. A key contributor to this cost is the form in which ambiguities are presented to the
user:Menhir reports conflicts at the level of LR automaton states and actions, requiring users to
reconstruct the competing parse structures and infer the intended disambiguation before modifying
the grammar. An example illustrating the user interfaces of Menhir and Greta is provided in the
supplementary [20], highlighting the contrast in how ambiguities are presented to users.

4.4 Scope and Limitations
4.4.1 Menhir vs. Greta: Scope of Ambiguities Addressed. While Greta relies on Menhir’s ambiguity
detection mechanisms, Menhir reports an over-approximation of ambiguities that arise during
LR(1) parser construction, in the form of shift/reduce and reduce/reduce conflicts. These conflicts
may be caused by various sources such as operator precedence and associativity, dangling-else am-
biguities, grammar underspecification, or LR(1)-specific limitations unrelated to genuine syntactic
ambiguity. Out of these conflicts detected by Menhir as LR(1) conflicts, Greta operates on a subset
of them: i.e., ambiguities for which parsing preferences can be captured by selecting one of the
two alternative tree examples, as described in Sec. 3.1. In other words, not all conflicts reported
by Menhir are addressable by Greta, and we discuss these non-addressable conflicts in details
in Sec. 4.4.3. Accordingly,Menhir acts as a the conflict detection backend, and Greta focuses on
repairing those conflicts that can be resolved via example-driven grammar restrictions.

4.4.2 Termination Behaviour. Greta operates by iteratively repairing the input grammar and re-
invoking Menhir on the resulting grammar. The procedure terminates in one of three cases: (i)
Menhir reports no remaining conflicts; (ii) the remaining conflicts do not fall within Greta’s
example-based ambiguity class (Sec. 3.1); or (iii)Menhir reports conflicts that are false positives
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and cannot be eliminated by further restriction of the grammar. In cases (ii) and (iii), Greta detects
that no further progress can be made, halts without attempting further iterations, and reports to
the user that the remaining conflicts are not addressable.
The user cannot become stuck in an infinite loop. Whenever Greta applies a repair step, the

resulting grammar admits a strict subset of the parse trees admitted by the previous grammar. Since
the original grammar yields a finite set of parse trees and conflicts, this monotonic reduction of
admissible parse trees guarantees termination. We now discuss the kinds of conflicts that belong to
cases (ii) and (iii), and therefore constitute inherent limitations of Greta.
4.4.3 Limitations and Non-addressable Conflicts. Greta is designed to resolve ambiguities that can
be expressed as example-based binary choices (Sec. 3.1, Sec. 4.4.1), allowing it to offer a lightweight
and intuitive interaction model. However, this design choice also imposes inherent limitations on
the classes of ambiguities that can be addressed. As described in Sec. 4.4.2, there are two scenarios
where Greta may terminate without resolving all reported conflicts: (1) false positives reported due
to limitations of Menhir, (2) ambiguities for which tree examples cannot be constructed because
the underlying parsing preferences cannot be represented as two alternatives. In both cases, the
remaining conflicts fall outside the scope of Greta and are therefore reported as non-addressable.

First, the scenario (1) happens due to Greta’s dependency on Menhir, as mentioned in Sec. 4.3.1.
A natural way we can address this issue is by employing a parser that is not limited by the number
of lookahead tokens. For example, dypgen [26] is a GLR parser generator not limited to a fixed
number of lookahead tokens. Alternatively, Earley [28] allows a construction of a parser with an
unbounded number of lookahead tokens based on an algorithm that creates a chart of possible
parses via dynamic programming. While these are viable options, a potential issue would be their
inefficiency (both have cubic time complexity compared to linear time of Menhir), and, as for Earley,
the input CFG needs to be formatted with a combination of functions, requiring more work to define
a parser. Moreover, scenario (2) can happen when examples cannot be constructed to form trees as
per Sec. 3.1. Informally, this can be understood as 3 or more different productions contributing to
an ambiguity, making it difficult to show parsing preferences as two different alternatives.
5 Related Work
Grammar repair. Our work was inspired by the approach of Adams and Might [2], where tree

regular expressions capturing undesired sets of parse trees are taken as input and are intersected
with a TA corresponding to the ambiguous CFG. This results in a procedure whose time complexity
grows exponentially in the number of negative examples and grammar size (due to negation). In
our approach, in addition to providing a simpler interface for the user than having to write formal
tree regular expressions, the learning algorithm from Sec. 3.1 constructs a single tree automaton
encoding all user preferences, and performs a single intersection step which is quadratic in the size
of the automata regardless of the number of examples. Additionally, our TA learning step is linear in
the number of examples, resulting in a more efficient and scalable approach. Other existing works
present ways to resolve grammar ambiguities [11, 17, 33] or repair grammars [29]. Grammars can
be repaired with declarative disambiguation rules called filters [11, 17, 33] that remove undesired
parse trees either as a post-parse step, or embedded in the generated parser. Unlike our approach,
filters do not provide a way to update a grammar incorporating the disambiguation rules. This
limits the interpretability of the interactions between the parsing restrictions and the original CFG,
since one needs to regularly reference disambiguating rules to understand what parse trees are
really accepted by a CFG. Another work [29] addresses the problem of repairing the grammar that
fails tests from a provided test suite, assuming that a correct grammar exists. It fixes the erroneous
grammar by iteratively applying a set of bespoke patches. Greta does not rely on a fixed set of
rewrite rules, and instead utilises a general mechanism of TA derived from user-chosen examples.
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Tree automata learning via Angluin’s algorithm. A well-known approach to learn deterministic
finite automata (DFAs) is Angluin’s L* algorithm [4, 5], which relies on an oracle, and maintains an
observation table through oracle queries, which is later used to construct the DFA. While there is
existing work that applies the idea of the L* algorithm for learning a TA [7], we found it difficult to
adopt this approach in our setting. This is because the L* algorithm assumes the existence of an
oracle that can answer membership queries (i.e., if a tree belongs to a TA), and providing such an
oracle would be challenging in our programming by example setting.

We initially considered treating interactions with the user as an oracle, and involve user prompts
in the learning loop. This approach, however, turned out to be neither desirable nor necessary
because the L* algorithm for tree automata learning requires a representative set of example trees,
so that every TA transition exercises at least one example. This would require (a) constructing
examples involving symbols that are not involved in any conflicts and (b) numerous interactions
with the user in order to correctly simulate an oracle, defeating the purpose of our tool, especially
when the size of the given grammar is large. Our learning algorithm, on the other hand, does not
need to involve the user other than when they are asked to specify their preferred tree examples
wrt. ambiguities. Alternatively, we could consider the input CFG—or, the TA translated from the
CFG, to be precise—as an oracle. Such an oracle, however, could not correctly answer membership
queries about the additional user-provided restrictions.
Programming by example. Programming by example (PBE) entails the synthesis of programs

from a set of input-output examples. PBE has been adopted in synthesising grammars in Leung
et al.’s work [22], which constructs parsers from user-provided parse tree examples. This work
encodes parsing restrictions through specification of associativity and precedence order rules,
similar to the construction of grammar restriction rules in Greta. These rules are then used to
remove unwanted parse trees. This approach requires the user to provide examples that fully
characterise the intended language, since the methodology does not permit providing an existing
grammar as context. For large languages, or for expanding existing grammars, this can get quickly
impractical. Our technique uses an existing grammar as context, with user preferences as additional
constraints to produce an updated grammar. This simplifies the process of writing a grammar from
scratch, but also allows for incremental updates and maintenance of existing grammars.
Wang et al. [35] implement PBE for learning TAs for data completion tasks in tabular data.

Similar to other PBE approaches, this requires user-provided examples, constrained by formulae in
a domain-specific language (DSL) for reasoning about tabular data. While in Wang et al.’s work
tree automata are employed for compact representations of the user examples, the problem tackled
in that work is fundamentally different from ours in that the approach is specialised for tabular
data completion tasks, and relies heavily on the user providing correct and sufficient examples.

6 Conclusion
In this work, we presented a novel take on the problem almost as old as the area of programming
languages itself—specifying syntax of a programming language in a way that is deterministic and
is free from parsing ambiguities [3]. Specifically, we have cast the problem of disambiguating
a context-free grammar as an instance of programming by example, structuring the process of
grammar repair (i.e., removing ambiguities) as a series of lightweight interactions with the grammar
designer, who guides the repair by choosing their preferred parse trees.

We believe that the key idea of our approach—compiling pairs of complementary positive/negative
tree examples into tree automata used to refine an initially provided “base” grammar—has applica-
tions beyond just resolving ambiguities in context-free grammars. In particular, tree automata-based
representation of examples can be used as a tool to guide the design of formal grammars, benefitting
both programming language designers and automated tools for grammar learning.
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